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Abstract

The optical emission from most blazars is dominated by the polarised synchrotron radiation
of relativistic electrons in the jet. However, the thermal radiation from the accretion disc and
host galaxy also contributes towards the high and low frequency ends of the optical spectrum.
As the accretion disc and host galaxy emissions are expected to be unpolarised, they may
manifest as a decrease of the degree of polarisation towards the high- and low frequency
ends of the optical spectrum, respectively. This motivates a target of opportunity (ToO)
programme for spectropolarimetry observations of gamma-ray blazars with the Southern
African Large Telescope (SALT). A model is constructed that combines modelling of the
spectral energy distribution (SED) and of the degree of optical polarisation to constrain the
accretion disc contributions in the spectra of blazars.

This dissertation presents a simultaneous SED and polarisation model fit to the Flat
Spectrum Radio Quasar (FSRQ) 4C+01.02 in its flare and quiescent states. With this
model, the electron distribution energies γ1, γb and γc, electron spectral indices, ordering
of the magnetic field of the jet, accretion disc luminosity and the mass of the black hole
∼ 4.0× 108 M�, are constrained.

Keywords: active galaxies - blazars, polarisation - optical, spectropolarimetry
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Chapter 1

Introduction

1.1 Active Galactic Nuclei

This chapter describes the characteristics of Active Galactic Nuclei (AGN). AGN are observed
to have very high luminosities, broad non-thermal emission, strong and broad emission lines
or weak and sometimes absent emission lines, relativistic jets and display variability over
various time scales over all wavelengths. AGN will be described by the processes that happen
in the vicinity of their Super Massive Black Holes (SMBH), their accretion discs and their
relativistic jets. The different types of AGN will briefly be distinguished between, where-
after a discussion follows on the different types of blazars, namely: BL Lac objects and Flat
Spectrum Radio Quasars (FSRQ). Section 2 of this introduction chapter gives the theory of
synchrotron radiation, accretion disc radiation and polarisation. In section 3 the subject of
this dissertation is introduced with related work that has previously been done, where-after
a problem statement and research goal follows. An outline of the rest of this dissertation is
given at the end of this chapter.

1.1.1 What are Active Galactic Nuclei?

The main components of an AGN (Figure 1.1) are: the accretion disc, the SMBH, jets flowing
out from the middle of the disc, the Narrow Line Region (NLR), the Broad Line Region (BLR),
a dust torus and there may be a corona. The corona is a hot and diluted gas around a thin
accretion disc (Netzer, 2013). It is uncertain what the exact geometry of the accretion disc
is, but it might be a thick or a thin disc, as illustrated in Figure 1.2.

AGN have the following features that distinguish them from other astronomical sources:

1. High Luminosity
Active galaxies, that is galaxies hosting an AGN, are more luminous than normal galax-
ies (galaxies such as the Milky Way). AGN have luminosities ranging from ∼ 1042 erg/s
to ∼ 1048 erg/s (Hartle, 2003). AGN can therefore be up to 10 000 times brighter than
all the stars within a typical galaxy that has a luminosity of ∼ 1044 erg/s. There is no
precise lower luminosity limit because even the Black Hole (BH) of our Galaxy shows
some characteristics of being an active galaxy. Therefore, there is not a clear distinction
between active and normal galaxies.
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Figure 1.1: A schematic drawing of an AGN. The central SMBH is surrounded by an accretion
disc, which is in turn surrounded by a dust torus. Broad emission lines originate in the cold
gas clouds of interstellar material orbiting the disc. Narrow lines originate in the clouds that
are much farther away from the SMBH. Jets of relativistic particles can extend to distances
greater than the diameter of the host galaxy. The different categories of AGN depend on the
observation location. This figure was taken from Urry and Padovani (1995).

2. Broad Non-thermal Emission
For normal galaxies the spectrum of radiation is the total spectra of all the stars,
dust clouds and Hydrogen gas. Stars have an approximate black body spectrum (Har-
tle, 2003) with absorption lines. AGN have spectra that include the radio, infrared-
submillimeter, optical (where the host galaxy can be approximated as a black body
spectrum), Ultraviolet (UV), X-ray and gamma-ray bands. This is illustrated in a
Spectral Energy Distribution (SED), see Figure 1.3. This figure shows the Leptonic
and Lepto-Hadronic models of the SED, that will be further described in section 1.2.3.

3. Strong and Broad Emission Lines
AGN can have strong, weak and sometimes absent emission lines. Figure 1.4 illustrates
the emission lines of an AGN.

2



Figure 1.2: A simple schematic to describe an active galaxy (the accretion disc is cut in
half to reveal the SMBH). (a) illustrates a thin accretion disc and (b) illustrates a thick
accretion disc (Supermassive Black Holes: What Quasars really are, n.d.). These discs create
funnels wherein radiation pressure or Poynting flux is released so that the gas moves as narrow
relativistic jets away from and perpendicular to the accretion disc. This figure was taken from
Supermassive Black Holes: What Quasars really are (n.d.).

Narrow emission lines and absorption lines can also be observed (see Figure 1.5). When
the accretion disc drives outflows, the matter coming towards us will be blue-shifted
and absorption lines exhibit blue-shifted features (Netzer, 2013).

4. Radio Jets
All radio galaxies have two lobes or jets that are perpendicular to the accretion disc
(Böttcher et al., 2012). In radio galaxies, jets are observed to extend to far greater
distances than the size of the galaxy itself (Hartle, 2003).

5. Variability
The luminosity of normal galaxies does not fluctuate much compared to the luminosity
of active galaxies which are variable, changing by a factor of 2 or more.

The variability is illustrated by Figures 1.6 and 1.7, and may be due to the time de-
pendence of matter that falls in towards the SMBH. Variability proceeds over different
periods for each frequency band and sometimes correlations occur between them. The
emission lines of AGN are also variable.

It is possible that every galaxy has a BH at its centre. This means that normal galaxies will
become active galaxies when their BHs have enough matter surrounding them. Our Milky
Way, for example, has a dormant BH Sagittarius A*, but it is possible that our galaxy was
an AGN once (Brandt and Alexander, 2015; Franceschini et al., 1999; Marconi et al., 2004).
There have been observations of galaxies without a BH at their centre (Burke-Spolaor et al.,
2017).
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Figure 1.3: The broad band spectrum of 3C454.3. A description of the model components
follows in section 1.2.3. The Leptonic model (red) with its components; dotted: synchrotron,
dashed: accretion disc, dot-dashed: SSC, dot-dash-dashed: EC (disc) and dot-dot-dash:
EC (BLR). The Hadronic model (green) with its components; dotted: electron-synchrotron,
dashed: accretion disc, dot-dashed: SSC and dot-dot-dashed: proton-synchrotron. This figure
was taken from Böttcher et al. (2013).

1.1.1.1 The Central Engine

The central engine refers to the “engine” in the core of the galaxy that streams out relativistic
jets. AGN have a SMBH (with a mass range of ∼ 106 − 109 M�) in the centre of its host
galaxy (Böttcher et al., 2012; Hartle, 2003). The size of the BH is characterized by the
Schwarzschild radius. The Schwarzschild radius Rs is calculated by Rs = 2MBHG/c

2, where
MBH is the mass of the BH, G is the gravitational constant and c is the speed of light.
Around a non-rotating BH there is a sphere area with radius Rs, called the event horizon.
The escape speed of a particle on the event horizon is the speed of light. Light emitted by
matter passing through the event horizon will be increasingly redshifted towards infinity.
Once photons or matter move past the event horizon, they cannot escape. The conditions
within a BH are not yet well understood.

For a non-rotating BH, there is not a stable circular orbit close to the event horizon
due to the spacetime curvature. The closest stable circular orbit is at a distance R = 3Rs

4



Figure 1.4: Plot of the emission lines of a composite quasar with the lines labelled by ion.
Plot taken from Vanden Berk et al. (2001).

(Hartle, 2003). For a rotating BH the innermost stable orbit will increase when the BH
rotates retrograde (in opposite direction) to the accretion disc and decrease if it rotates
prograde (in the same direction) to the accretion disc.

1.1.1.2 The Accretion disc

Initially, the accreting matter does not fall straight into the BH, since it has angular mo-
mentum. This has the effect that the orbiting matter forms an accretion disc around the

5



Figure 1.5: Space Telescope Imaging Spectrograph (STIS) observations of PG 0946+301.
The plot shows the flux in the observed frame. The bottom labels indicate the ions at their
corrosponding absorption lines, while the broad emission lines are indicated with the top ion
labels. The solid line above the dotted zero-flux line, is the noise spectrum. This plot and its
explanation was taken from Arav et al. (2001).

Figure 1.6: Light curves showing the variability of 3C273 in the radio to millimetre bands.
This plot was taken from Türler et al. (1999).
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Figure 1.7: Light curves showing the variability of 3C273 in the infrared to X-ray bands. This
plot was taken from Türler et al. (1999).

7



BH (Hartle, 2003). As the BH attracts matter towards it, the matter in orbits closer to it
will move faster than that further away from it. This inner, faster moving gas interacts with
the matter that is further away from the BH. The friction then heats-up the gas to extreme
temperatures. Interactions between the particles and the disc cause the matter to lose energy
and angular momentum, so that they orbit (in nearly circular orbits) closer and closer to
the BH, until they reach the innermost stable orbit where they will fall straight into the
BH. As the material in the accretion disc spirals onto the BH, the Gravitational Potential
Energy (GPE) they lose is emitted as UV, optical and infra-red radiation.

The magnetic fields can form from the ionized plasma and currents in the disc or be
frozen into the BH. The rotating accretion disc gives rise to a helical magnetic field. This is
because the magnetic fields are twisted by the rotating disc.

Furthermore, the gravity of the BH keeps on pulling matter to spiral towards it, giving
a further increasing temperature and thereby causing the matter here to be at extreme
pressures. This extreme pressure of gas, cannot be released in the direction of the converging
accretion disc, so that some of the pressure is released perpendicular to the accretion disc,
into the corona. The outflow of energy and momentum from the BH sometimes results in
relativistic jets that are seen in some types of AGN (Böttcher et al., 2012).

1.1.1.3 Broad and Narrow Line Region

Clouds of cold interstellar matter orbit the SMBH above the accretion disc in the BLR and
the NLR (Böttcher et al., 2012). The BLR is closer to the BH and the lower density clouds
in the NLR are further out (Figure 1.1). Broad and narrow emission lines are emitted due
to the gas undergoing photo-excitation and photo-ionisation. The emission lines from these
regions have different widths, because the regions have different electron densities.

When blazars are observed, the core emission can outshine the host galaxy and the BLR
(Beckmann and Shrader, 2012). In these circumstances it becomes impossible to estimate
the mass of the BH by using the width of the lines that come from the host galaxy. Another
way in which observations of the disc and BLR can be obscured, is when the optically thick
torus (Figure 1.1) is viewed edge-on. In these circumstances, the NLR can still be seen, for
instance, light can escape from beyond obscuring material when photons collide with electrons
so that they are scattered and can move along our Line of Sight (LOS). This scattered light
is linearly polarised. There are, however, AGN that do not show polarised light from the
BLR when the accretion rate is not high enough. There is also the possibility that the central
engine is not powerful enough to illuminate the BLR which could explain why BL Lacs do
not show emission lines.

1.1.1.4 Relativistic Jets

Jets are formed in the vicinity of the BH, where a dense gas of particles is released perpendic-
ular to the accretion disc, accelerated and spiralled along the helical magnetic fields, to emit
synchrotron radiation (Böttcher et al., 2012). The particles can sometimes be accelerated
to relativistic speeds by shocks or magnetic reconnection in the jet. When these particles
move at relativistic speeds and with the proper orientation, they can appear to move at
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superluminal speeds. Superluminal motion is when the relativistic knots (see Figure 1.8) of
radio loud AGN appear to move faster than the speed of light (Beckmann and Shrader, 2012;
Böttcher et al., 2012). However, it is only the apparent velocity we observe that appears
to be greater than the speed of light, because the time is shortened by light-travel-time effects.

Jets transport energy, momentum and angular momentum over distances that range

Figure 1.8: The inner jet of Centaurus A is shown to have knot structures resolved into
separate components. These VLBI images were taken from Mueller et al. (2011).

from the radius RS = 10−4MBH/(109 M�) pc to radio hot spots, hot spot complexes and
lobes that can be a megaparsec or more away (Figure 1.9) (Böttcher et al., 2012). Hot spots
are very bright regions within radio lobes. The jets stream out until they reach these regions
where there is gas to interact with. Superluminal knots are formed by shock waves that
propagate along the jet (Marscher, 2006).

It is not certain how jets form and accelerate and what collimates them to remote lo-
cations (Böttcher et al., 2012; Gómez et al., 2016). It is possible that the jet is being powered
by, not only the BH, but also the accretion disc. The connection between the central engine
and the relativistic jet is still not firmly established. There should be a connection between
the magnetic state of the jet and the accretion state of the inner disc (Marscher, 2006).

1.1.2 Different Types of AGN

AGN have been sorted into various classes since their discovery. A few observational at-
tributes that can be used to classify them include: the SED that can tell us about the possible
power mechanisms in different energy bands, the emission line properties, the host galaxy,
how active the source is and the accretion rate (Netzer, 2013). The BH spin, accretion rate,
host galaxy properties and the gas content and metallicity in the nuclear region can also
classify different types of AGN. Lastly, different types of AGN can be distinguished between
by their intensity, radio loudness, evidence for obscuration and variability. Table 1.1 shows
how different types of AGN can be classified according to their properties.
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Figure 1.9: Cygnus A is an AGN at redshift z = 0.06 (Carilli and Barthel, 1996). The jet
moves through the intergalactic medium which slows down matter (Böttcher et al., 2012).
But the jets move at greater speeds than the interstellar medium so that shocks are formed
at the ends of the jets. Within these shocks there are high luminosity regions called hot spots.
The hot spot and the wake of the jet is referred to as the radio lobe. The radio lobes can
change form due to the intergalactic medium slowing matter down, the movement of its active
galaxy or due to changes within the jet. This figure is taken from NRAO/AUI.

AGN can be divided into groups according to the angle at which they are observed from
(Figure 1.1). If the AGN is observed from the side with both radio lobes and jets visible, it
can be identified as a radio galaxy. The radio galaxy Cygnus A is shown in Figure 1.9. In
this figure narrow jets extending from the SMBH are visible. With decreasing angle between
the jet and the LOS, the AGN is observed as a narrow line radio galaxy, broad line radio
galaxy and a radio loud quasar. The local universe has ∼ 10% radio loud (QSRs) and ∼ 90%
radio quiet quasars (QSOs) (Beckmann and Shrader, 2012). When the jet is closely aligned
to the LOS, the AGN is a blazar. Blazars are divided into two types, namely quasars and
BL Lacs. These are further described in the next subsection.

Seyfert Galaxies are radio quiet AGN with weak jet emission. There are two types of
Seyfert Galaxies (Figure 1.1): Seyfert 1 and Seyfert 2 galaxies are differentiated from each
other by their optical-UV spectra (Netzer, 2013). Seyfert 1 galaxies have strong and broad
emission lines of (2× 108 to 109) cm · s−1 due to Doppler broadening, while Seyfert 2 galaxies
have emission lines with a maximum width of ∼ 1.2 × 108 cm · s−1. These differences are

10



Figure 1.10: An overlay of different images across the EM (electromagnetic) spectrum illus-
trating the AGN Centaurus A. “Submillimeter data (coloured orange) are from the Atacama
Pathfinder Experiment (APEX) telescope in Chile and X-ray data (coloured blue) are from
the Chandra X-ray Observatory. Visible light data from the Wide Field Imager on the Max-
Planck/ESO 2.2 m telescope, also located in Chile, shows the dust lane in the galaxy” (A Black
Hole Overflows From Galaxy Centaurus A, 2009). Foreground stars are also shown. “The
X-ray jet in the upper left extends for about 13 000 light years away from the BH. The APEX
data shows that material in the jet is traveling at about half the speed of light. Image credit:
X-ray: NASA/CXC/CfA/R.Kraft et al.; Submillimeter: MPIfR/ESO/APEX/A.Weiss et al.;
Optical: ESO/WFI” (A Black Hole Overflows From Galaxy Centaurus A, 2009).

accounted for by different viewing angles that have different obscuration along the line of
sight.

1.1.3 Blazars

Blazars are a subclass of radio loud AGN that are jet dominated. They are the most violent of
the AGN types, have rapid variability, a high polarisation (in optical and radio frequencies),
radio core-dominance and apparent superluminal speeds (Liu, 2009). Some objects show a
lack of strong optical emission lines. The jet material has a relativistic velocity vjet = βc with
β ≈ 1. Blazars emit nonthermal-dominated radiation in the radio to gamma-ray spectrum.
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Quasars BL Lac Ob-
jects

Seyfert
Galaxies

Radio Galax-
ies

Galaxy type Spiral and
elliptical

Elliptical Spiral Giant elliptical

Appearance Compact, Blue Bright, Starlike Compact
Bright Nucleus

Elliptical

Maximum
luminosity

100− 1000×
Milky Way

10000×
Milky Way

Comparable
to bright spi-
rals

Strong Radio

Emission spec-
trum

Broad and Nar-
row

Very weak Broad and Nar-
row

Rare, broad
and narrow

Absorption
lines

Yes None Yes (Crenshaw
et al., 1999)

Yes

Variability Days to weeks Hours Days to weeks Days

Emits radio Yes Yes Weak Yes

Redshifts z > 0.5 z ∼ 0.1 z ∼ 0.05 z < 0.05

Jets Some Possible Some Often

Table 1.1: Summary of the different types of AGN. This table was adapted from Cosmology
- Galaxies (2004-2013).

The Different Types of Blazars: BL Lac Objects and Flat Spectrum Radio Quasars

BL Lac objects are the beamed counterparts of low-luminosity radio galaxies, whereas
FSRQs are the beamed counterparts of high luminosity radio galaxies (Liu, 2009). FSRQs
show higher radio polarisation than BL Lacs (Beckmann and Shrader, 2012). The leading
difference between these can be seen in their emission lines: FSRQs have broad and strong
emission lines whereas BL Lac objects have weak or in some instances absent emission lines.

In Figure 1.3, the sum of the components towards low frequencies is referred to as the
low-frequency component and the sum of the components within X-ray through gamma-
ray regimes is referred to as the high-frequency component. Fossati et al. (1998) divided
blazars into three categories: FSRQs, Low-frequency peaked BL Lac objects (LBL) and
High-frequency peaked BL Lac objects (HBL), thereby dividing the BL Lac objects into
two sub-types. Blazars are divided according to the frequency at which the synchrotron
component peaks (Böttcher, 2010). If the source exhibits a low-synchrotron peak (i.e. the
peak is in the infrared region where ν ≤ 1014 Hz), then the AGN is identified as a FSRQ or
a LBL. If the source exhibits an intermediate-synchrotron-peak at 1014 < ν ≤ 1015 Hz, then
the AGN can be identified as a LBL or intermediate BL Lac object. A high-synchrotron
peak at 1015 Hz < ν, can identify the AGN as a HBL.
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1.2 Radiation and Polarisation Processes in Blazars

This section will describe the theory behind the different components that contribute to the
SED and polarisation within the optical/UV regime. A short description is given on how the
high-energy radiation components can be modelled. An illustration of the SED of a blazar was
given in Figure 1.3. It shows that there are two main SED components: the first component
is the sum of the synchrotron radiation from the relativistic electrons in the jet (non-thermal
radio through to UV emission or X-ray emission) and the accretion disc (thermal optical
through UV); and the second component (in X-ray through gamma-ray) can be modelled
with Leptonic or Hadronic models (Böttcher et al., 2013). These models yield Compton
scattering components in the high-energy (X-ray through gamma-ray) regime. In this regime,
the Hadronic model also includes proton-synchrotron and pair-synchrotron components.

1.2.1 Introduction to Radiation

1.2.1.1 Non-Thermal Radiation

A distribution of electrons emits synchrotron radiation in the low-frequency component and
leads to Compton scattering in the high-frequency components. For FSRQs, synchrotron
radiation is emitted in the radio through UV energy band.

The electron distribution in the emission region can often be described by a broken
power law with an exponential cut-off, which is given as

Ne(γ) = n0

 ( γ
γb

)−p1e−γb/γc for γmin ≤ γ ≤ γb

( γ
γb

)−p2e−γ/γc for γb ≤ γmax,
(1.1)

where N(γ) is the number of electrons per unit volume in the interval [γ, γ + dγ], with γ the
Lorentz-factor (energies), γb is the break energy and γc is the cut-off energy. When considering
only synchrotron radiation, only the total number of electrons n0 is constrained. The factor
n0, also serves as a normalisation factor. The density can be determined when Synchrotron
Self-Compton (SSC) radiation is also taken into account. The electron distribution spectral
index is p1 for the first part of the power law (in the range γmin ≤ γ ≤ γb), and p2 for the
second part of the power law (in the range γb ≤ γmax). The spectral index p values typically
range from 2 to 3, but they can also be smaller or larger. The synchrotron spectrum and
Compton spectrum have a spectral index that can be written in terms of p as

α =
p− 1

2
. (1.2)

The frequencies where gradients change in the synchrotron spectrum correlate with the
Lorentz factor energies where gradients change in the electron distribution. These character-
istic frequencies are the minimum frequency νmin = ν0γ

2
min, the break frequency νb = ν0γ

2
b

and the cool-off frequency νc = ν0γ
2
c . Here, ν0 = 4.2× 106 · B Hz, with B the magnetic field

in units of Gauss [G].

The low-frequency radiation component is dominated by nonthermal synchrotron radia-
tion and the thermal contributions are often from the accretion disc, host galaxy and dust
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torus. The host galaxy and dust torus will not be discussed, as it is not important in the
model which is focussed on fitting optical/UV spectropolarimetry to constrain the accretion
disc component and thereby the BH mass.

1.2.1.2 Redshift and Doppler Shift

For distant objects there is a cosmological redshift due to the expansion of the universe where
the space between Earth and the object is expanding. This implies that the light emitted
from a source will have a wavelength that is stretched out so that we receive lower frequencies
than the frequencies that the source emitted at an earlier time in its rest frame. The redshift
of radiation is given by

z =
νem − νobs

νobs
(1.3)

where the emission frequency in the rest frame νem is redshifted to an observed frequency
νobs.

But the emission regions of blazars also move toward us so that we observe their Doppler
shifted wavelengths. We observe their light with shorter wavelengths than what has been
emitted in the object’s rest frame. The observed frequency can then be calculated as (Böttcher
et al., 2012),

νobs = δ · νem (1.4)

where the Doppler factor δ = 1/Γ(1− βcosθ), with Lorentz factor Γ = 1/
√

1− β2.
Synchrotron emission is Doppler-shifted and redshifted. The accretion disc and emission

lines (in the BLR) are not Doppler-shifted since these are stationary, but they are redshifted.

1.2.2 Low-Frequency Radiation Components

1.2.2.1 Accretion disc and Corona Radiation

AGN can have geometrically thick or thin accretion discs that are optically thin or thick
depending on their surface densities, to what level their gas is ionized and their mass accretion
rates (Netzer, 2013). The accretion disc produces radiation in the optical-UV regime. The
corona produces the radiation in the X-ray regime (Figure 1.11). The accretion disc is too
cool to produce radiation at X-ray energies.

It is assumed that the viscosity within an accretion disc is necessary so that the angular
momentum in the disc can move outwards while matter can move inwards losing some of
their GPE, producing high luminosities (Netzer, 2013).

A number of models are suggested to describe the creation of the hot corona above the
accretion disc. One of the possible models, assumes a hot optically thin corona above an
optically thick accretion disc (Netzer, 2013; Witt et al., 1997). In this case, the energy
dissipation and temperature rise of the accretion disc causes the outer layers of the disc to
expand so that the corona is created. Here, the temperature depends on the accretion power
of the disc. Another possible model considered for “real” (not optically thick, physically
thin) discs, is that magnetic fields are threaded through the fast rotating accretion disc
(Figure 1.12) and these magnetic fields can drive energy from the disc to the corona wherein
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Figure 1.11: A schematic of the spectrum of the accretion disc with an optically thin corona.
This figure is taken from Netzer (2013).

these particles Compton-upscatter accretion disc radiation so that the photons are boosted
to X-ray energies.

Figure 1.12: Schematic of magnetic field lines threaded through an accretion disc with a non-
uniform geometry. Cool clouds are transfered along the magnetic fields. This figure is taken
from Netzer (2013).

In this dissertation the accretion disc is modelled using the Shakura Sunyaev (SS) model.
The Eddington luminosity is introduced in the next subsection. Thereafter, a description
is given on what opacity and optical thickness is. The spectrum for a thin accretion disc is
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described by using a SS accretion disc model (Shakura and Sunyaev, 1973).

1.2.2.1.1 The Eddington Limit

The Eddington luminosity is the maximum luminosity that a source can have when
there is a balance between the inward gravitation forces and the outward radiation forces.
The Eddington luminosity limit is defined as

LEdd =
4πcGMBH

κ
, (1.5)

with the opacity κ (also called the absorption coefficient) the cross sectional area per unit
mass [cm2 ·g−1]. Thomson scattering is the process in which photons are scattered by electrons
without there being a change in the photon energy (Rybicki and Lightman, 1979). When con-
sidering high-energy accretion scenarios an approximation is made that the accreting matter
is mostly ionized hydrogen, so that the opacity is due to Thomson scattering, since the elec-
trons will be distributed very densely for a highly ionized gas. Although the cross section will
mostly be dependent on the electrons that experience the radiation pressure, the mass will
be that of the protons as the electrons are electro-statically coupled to the protons so that
the protons will move with the electrons, implying that

κ =
σT
mp

(1.6)

where σT is the Thomson cross-section and mp is the mass of the protons.

The optical depth (also called the optical thickness of a source) is defined as (Carroll
and Ostlie, 2014),

τ =
∫ z

0
κρ(rτ )drτ , (1.7)

where ρ(rτ ) (in units of g · cm−3) is the mass density of the particles that travelled over a
distance rτ . The optical depth can therefore tell us ‘how transparent’ the disc is.

For a limited accretion rate Ṁ at which mass can be accreted around a BH, the disc
luminosity Ld can be parametrised as (Carroll and Ostlie, 2014),

Ld = εṀc2. (1.8)

where ε is the efficiency of converting potential energy into radiation and it is defined as a
fraction of the rest-mass energy and depends on the BH spin. For a non-rotating BH ε is
constant. If ε is zero, matter will fall in radially over the event horizon into the BH taking
all of its energy along with it, meaning none of it is radiated. But in real circumstances the
matter that is accreting onto the BH has angular momentum so that an accretion disc is
formed. The accretion rate of the disc can be defined as

Ṁ = 2πRvr
∑

= constant (1.9)

16



with the radial in-spiral velocity of disc material vr, the surface density
∑

=
∫H

0 ρ(rτ )drτ
≈ 〈ρ(rτ )〉H and ρ(rτ ) the gas density at disc thickness H. The direct dependence between
the accretion rate and opacity can be seen from equation (1.7) and equation (1.9).

The Eddington accretion rate ṀEdd is where the disc luminosity is equal to the Eddington
luminosity so that it follows from equations (1.5) and (1.8) that

4πcGMBH

κ
= εṀEddc

2 (1.10)

⇒ ṀEdd =
4πGMBHmp

εcσT
. (1.11)

1.2.2.1.2 Thin Accretion disc Spectrum

The following calculations are done by assuming geometrically thin, optically thick (opaque)
accretion discs. FSRQs have very high accretion rates which results in them having optically
thick accretion discs (Cao, 2018; Netzer, 2013). A description of the temperature profile and
emission as a function of radius will now be given.

The local disc spectrum is assumed to be in the form of black body radiation, with
every annulus between R and R +RdR of the accretion disc radiating as a black body. The
emissivity per unit area can be parametrised as (Netzer, 2013),

Q(R) = σT (R)4 (1.12)

with σ the Stefan Boltzman constant and T (R) the temperature of the disc at radius R. This
temperature is dependent on the BH mass MBH and the accretion rate Ṁ , as

T (R) =

[
3GMBHṀ

8πσR3

]1/4
1−

√
Rin

R

1/4

, (1.13)

where Rin is the inner disc radius. This can be rewritten as(Carroll and Ostlie, 2014),

T (R) = T0

(
Rin

R

)3/4
1−

√
Rin

R

1/4

, (1.14)

with

T0 =

(
3GMBHṀ

8πσR3
in

)1/4

. (1.15)

Differentiating equation (1.14) to R and setting the result equal to zero gives the radius
where the maximum disc temperature occurs for a SS accretion disc model. The calculation
for this is shown in more detail in Appendix A. The important thing to keep in mind is that
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T0 ∝ R−3/4. The maximum disc temperature is found to be at a radius of R = 49/36 · Rin

and by substituting this into equation (1.14), the maximum temperature is found as

Tmax =
6
√

6

77/4
· T0 (1.16)

Tmax =
6
√

6

77/4

(
3GMBH

˙MEdd

8πσ(3Rs)3

)1/4

(1.17)

Tmax ∼ 105 K (1.18)

for MBH ∼ 109 M�.

The radiation spectrum for a SS accretion disc model will now be described by calcu-
lating the expression for the luminosity Lν at a frequency ν (Shakura and Sunyaev, 1973).
Again, each annulus of the accretion disc is treated as a black body spectrum. For a black
body spectrum the intensity is given by the Planck function:

Iν(R) = Bν(T (R)) =
2hν3

c2

(
ehν/(kT (R)) − 1

)−1
, (1.19)

where T (R) is the temperature defined in equation (1.13). The intensity at a frequency ν is
defined as the amount of energy through an area element dA in time dt given by (Böttcher
et al., 2012) as

Iν =
d4E

dAdtdνdΩ
, (1.20)

which is measured in erg · cm−2 · s−1 ·Hz−1 · sr−1 and the luminosity at a frequency ν is given
by

Lν =
d2E

dtdν
. (1.21)

From equations (1.20) and (1.21) it follows that dLν/(
∫

cosθdΩ) =
∫
IνdA, where the cosθ

factor is included because black bodies are Lambertian radiators. This means that the in-
tensity has the same value in every direction that it is emitted. But, the intensity that we
observe is multiplied by the cosine of the angle between the direction of observation and the
surface normal of the source. The luminosity is calculated by integrating the black body flux
over the surface area on the one side of the disc (Shakura and Sunyaev, 1973),

dLν∫
cosθdΩ

=
∫ Rmax

Rin
Bν(T (R))2πRdR (1.22)

dLν =
∫ Rmax

Rin
Bν(T (R))2πRdR

∫
cosθdΩ (1.23)

dLν =
∫ Rmax

Rin
Bν(T (R))2πRdR

∫ 2π

0
dφ
∫ π/2

0
cosθsinθ. (1.24)

where the solid angle dΩ = sinθdθdφ. For the spectrum from both sides of the disc, the
luminosity is

Lν = 2
∫ Rmax

Rin
Bν(T (R))2πRdR

∫ 2π

0
dφ
∫ π/2

0
cosθsinθ (1.25)
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Lν = 4π
∫ Rmax

Rin
Bν(T (R))RdR · 2π

[
sin2θ

2

]π/2
0

(1.26)

Lν = 4π2
∫ Rmax

Rin
Bν(T (R))RdR (1.27)

Lν =
8π2hν3

c2

∫ Rmax

Rin

(
ehν/(kT (R)) − 1

)−1
RdR. (1.28)

The corresponding flux is

F d
ν =

Ldν
4πd2

L

(1.29)

F d
ν =

2πhν3

πc2d2
L

∫ Rmax

Rin

(
ehν/(kT (R)) − 1

)−1
RdR, (1.30)

where dL is the disc luminosity distance.

The expected spectrum for an accretion disc is shown in Figure 1.11 where the accre-
tion disc is visible in the optical/UV band. The corona will not be considered in our
model since it does not give a significant flux contribution. The accretion disc spectrum in
Figure 1.11 will now be described from left to right.

Different regions within the disc emit different temperatures at different frequencies.
The first part of the spectrum follows a black body spectrum Fν ∝ ν2 (Netzer, 2013). The
spectrum then shows a break at the frequency νout ∼ 2.8 · kT (Rout)/h, where the outer
disc radius is Rout. The next break at frequency νin corresponds to the inner radius Rin of
the disc where the temperature will be at a maximum. The maximum temperature of the
disc is given by equation (1.18) and at maximum disc luminosity for MBH = 109 M� it is

emitted at the frequency νin = 2.8 · kTmax/h ∼ 4.6 × 1015 Hz, with Tmax ∝ l1/4M
−1/4
BH with

l = ˙MBH/ ˙MEdd = Ld/LEdd. In the frequency range νout, the spectrum follows as Fν ∝ ν1/3.
For frequencies larger than νin the spectrum decreases exponentially as Lν ∝ e−hν/(kTmax).

1.2.2.2 Emission Lines from the Broad Line Region

The prominent emission lines in the optical spectrum of quasars are redshift dependent (Frank
et al., 2002). When the source has a low redshift, the hydrogen Balmer lines will dominate. At
high redshifts the C, Mg, and Lyα hydrogen lines that are in the UV regime in the co-moving
frame are redshifted into the optical regime in the observers frame. Emission line peaks in
spectra can for our purposes be assumed to be in the form of a Gaussian:

G(ν, µ, σ) = b · e−
(ν−µ)2

2(σ2) (1.31)

where b is the height of the emission line, µ is the frequency at which the peak is emitted and
σ is the standard deviation, that is the width of the emission line.

1.2.2.3 Synchrotron Radiation

This section will first describe the geometry of the power emission of a gyrating particle and
thereafter three different ways are given in which the synchrotron radiation can be calculated.
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A description of a typical synchrotron spectrum is given.

Relativistic particles gyrate around a magnetic field (Figure 1.13, left). In the electron’s
rest frame, the angular distribution of its emitted power has a doughnut shape (Figure 1.13,
middle) (Rybicki and Lightman, 1979). The magnetic field accelerates electrons and this
accelerated motion causes them to lose energy which is carried away by photons. The
radiation is beamed in the direction in which the electron is moving (Longair, 2011). For
non-relativistic particles the radiation is called cyclotron radiation and for the relativistic
particles, it is called synchrotron radiation (Rybicki and Lightman, 1979). The angular
distribution of cyclotron radiation has a characteristic doughnut shape, while the angular
distribution of synchrotron radiation has a characteristic shape where the lobe in the direction
of the motion of the particle extends farther out than the backward lobe (illustrated in the
middle and right of Figure 1.13, respectively).

Figure 1.13: Left: The magnetic field is shown to be into the page with the orbit of the
electron around it. The area within the grey lines illustrates the radiation of the electron.
Middle: Angular distribution of cyclotron radiation in a characteristic doughnut shape.
Right: Angular distribution of synchrotron radiation in an extended forward lobe. The left
illustration is taken from Spectral Properties of Synchrotron Radiation (2010). The middle
and right illustrations are taken from Eberhardt (2015).

The extended forward lobe is due to relativistic beaming and Doppler shift. The forward
lobe has emission in the angle 2/γ, with the half angle θ = 1/γ and contains much more power
than the backward lobe As the electron gyrates along the magnetic field, an observer will see
this beam of radiation for a short time (see Figure 1.14). The observer can see radiation from
cone 1 when the velocity of the particle is at an angle 1/γ to the LOS and will continue seeing
radiation until the velocity is again at this angle at the other side of the observer’s LOS at
cone 2 (Rybicki and Lightman, 1979). There is a triangle for which the angle of the orbit ∆θ
constitutes the one angle and the other two angles are equal to π/2− 1/γ, so that ∆θ = 2/γ.
The duration of emission is ∆tem = ∆θ/ωg where ωg = Bq/(γmec) is the gyration frequency
with B the magnetic field, q the electron charge and me the mass of the electron. The time
that the radiation takes to travel from 1 to 2 is ∆ttravel = β ·∆θ/ωg so that the time within
which the radiation is observed is

∆tobs = ∆tem −∆ttravel =
2

ωgγ
(1− β). (1.32)
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Figure 1.14: Power emitted within beams at different times at point 1 and point 2, during
the gyration of the beam with half-angle θ = 1/γ. The labels a and ∆θ are used to indicate
the radius of the orbit and the angle between point 1 and 2, respectively. This figure is taken
from Rybicki and Lightman (1979).

Since 1− β = (1− β2)/(1 + β) = 1/(γ2(1 + β)) ≈ 1/(2γ2), it follows that ∆tobs = 1/(ωgγ
3) =

mec/(Bqγ
2) so that the observed synchrotron frequency has the dependence

νsyobs =
1

∆tobs
∝ Bγ2. (1.33)

1.2.2.3.1 Radiative Power Output

Böttcher et al. (2012) describes three possible functions to calculate synchrotron radia-
tion. These functions are compared to each other in Figure 1.15. The third function is used
within our model.

1. For a particle with energy E = γmc2 moving at a pitch angle η to a magnetic field B,
the synchrotron radiative power is given by Rybicki and Lightman (1979) as

P sy
ν (γ; η) =

√
3q3B

mc2
sinη F (x) (1.34)

where x = ν/νη with νη = γ23qBsinη/(4πmc) and

F (x) = x
∫ ∞
x

K5/3(ξ)dξ, (1.35)

where K5/3 is the modified Bessel function of order 5/3. The function F (x) is shown
in Figure 1.16, having the asymptotes

F (x) ∝
{
x1/3 for x� 1

x1/2e−x for x� 1.
(1.36)
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Figure 1.15: This figure shows the synchrotron spectrum using the full function, δ-function
approximation and the ν1/3eν/νcr approximation for a pure power law relativistic electron
distribution with index p = 2.5 and energy cut-offs γ1 = 10 and γ2 = 104. This is for a
magnetic field B = 1 G. This graph is taken from Böttcher et al. (2012)

For a collection of particles with isotropic pitch angle distributions the angle-averaged
synchrotron radiation is given by

P sy
ν (γ) =

1

4π

∫
4π
P sy
ν (γ; η)dΩ. (1.37)

The full expression is evaluated by Crusius and Schlickeiser (1986) and found as

P sy
ν (γ) =

√
3πq3B

2mc2
xCS(x), (1.38)

where CS(x) is a function of Whittaker functions

CS(x) = W0, 4/3(x)W0, 1/3(x)−W1/2, 5/6(x)W−1/2, 5/6(x), (1.39)

and x = ν/νcr, with the critical frequency

νcr =
3qB

4πmc
γ2 = 4.2× 106BGγ

2Z
me

m
Hz. (1.40)

The xCS(x) function can be seen in Figure 1.16 to have a dependence on x1/3 for low
frequencies and an exponential cut-off at high frequencies, similar to the F (x) function
(Böttcher et al., 2012). The peak occurs around νcr. It can be time-consuming to use
the full equation to calculate the synchrotron flux.
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Figure 1.16: The synchrotron power for a single particle as described by F (x) and x∗CS(x) is
graphed as a function of x = ω/ωc. On this graph, x1/3 describes the low frequency asymptote.
A x1/3e−x approximation can be seen. This figure is taken from Böttcher et al. (2012).

2. For practical applications, the δ-function approximation can be used, which is given by
Böttcher et al. (2012) as

P sy, δ
ν (γ) =

32πc

9

(
q2

mc2

)2

uBβ
2γ2δ(ν − νcr). (1.41)

This δ-function represents the synchrotron emissivity when the photon output is at a
maximum for electron energies γ at νcr (equation 1.40). This allows for an electron
distribution with a power law profile and a spectral index p, which reproduces the
synchrotron photon power law index αsy = (p − 1)/2 (equation 1.2). In Figure 1.15 it
can be seen that the approximation agrees fairly well where the function follows a power
law, but not at the lower and higher energy cut-offs νc = ν0γ

2
1,2.

3. In Figure 1.16 it can be seen that x1/3e−x approximates the full expression xCS(x)
rather well. The ν1/3e−ν/νcr approximation can be found by normalizing the total
emitted power so that it entails a multiplication of this asymptotic behaviour:

The total emitted power as derived by Rybicki and Lightman (1979) is

P sy
tot(γ) =

4

3
uBcσTβ

2γ2. (1.42)
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Knowing that the gamma function has the form Γ(z) =
∫∞

0 xz−1e−xdx, it follows by
substituting in x = ν/νcr that

Γ
(

4

3

)
= ν−4/3

cr

∫ ∞
0

ν1/3e−ν/νcrdν, (1.43)

1 =
1

Γ
(

4
3

) · ν−4/3
cr

∫ ∞
0

ν1/3e−ν/νcrdν. (1.44)

With this the total emitted power can be normalized as

P sy
tot(γ) =

4

3
uBcσTβ

2γ2 · 1

Γ(4
3
)ν

4/3
cr

∫ ∞
0

ν1/3e−ν/νcrdν. (1.45)

Solving for the radiative power output P sy
ν (γ) at a frequency ν∫ ∞

0
P sy
ν (γ)dν = P sy

tot(γ) (1.46)

P sy
ν (γ) =

4

3
uBcσTβ

2γ2 · 1

Γ(4
3
)ν

4/3
cr

ν1/3e−ν/νcr . (1.47)

The Thomson cross section

σT =
8πr2

e

3
(1.48)

σT =
8π

3

(
q2

mec2

)2

, (1.49)

where re = q2/(mec
2) is the classical electron radius.

Substituting the Thompson cross section in equation (1.47), it follows that

P sy
ν (γ) =

4

3
uBc

8π

3

(
q2

mec2

)2
 β2γ2 · 1

Γ(4
3
)ν

4/3
cr

ν1/3e−ν/νcr (1.50)

P sy
ν (γ) =

32πc

9Γ(4
3
)

(
q2

mec2

)2

uBβ
2γ2 · ν

1/3

ν
4/3
cr

e−ν/νcr . (1.51)

1.2.2.3.2 The Synchrotron Spectrum

The luminosity spectrum of a source is defined as

Lν(γ) =
∫
Pν(γ)N(γ)dγ. (1.52)

Using the asymptotic approximation in equation (1.51), the synchrotron luminosity at fre-
quency ν can be calculated as

Lsyν (γ) =
32cν1/3

9Γ(4
3
)

(
q2

mc2

)2
B2

8π

∫ γ2

γ1
β2γ2(ν0γ

2)−4/3e−ν/(ν0γ
2)Ne(γ)dγ. (1.53)
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The flux of the source at a frequency ν can be calculated as

F sy
ν =

Lsyν
4πd2

(1.54)

F sy
ν =

1

4πd2
· 32cν1/3

9Γ(4
3
)

(
q2

mc2

)2
B2

8π

∫ γ2

γ1
β2γ2(ν0γ

2)−4/3e−ν/(ν0γ
2)Ne(γ)dγ. (1.55)

By substituting the electron distribution equation (1.1) into equation (1.55), it can be seen in
our case (for a broken power law and exponential cut-off electron distribution) that the flux
should follow as

F sy
ν (γ) ∝


ν1/3 for ν ≤ νmin

ν−(
p1−1

2
) = ν−α1 for νmin ≤ ν ≤ νb

ν−(
p2−1

2
) · e−ν/νc = ν−α2 · e−ν/νc for νb ≤ ν ≤ νc

. (1.56)

1.2.3 High-Frequency Radiation Models for Blazars

The high-frequency radiation in the UV through gamma-ray is calculated by taking into
account the contributions from SSC emission and External Compton (EC) emission. When
photons are scattered by relativistic electrons, the process is called Inverse Compton scat-
tering. The electrons are then in two processes; first they emit photons in a synchrotron
radiation process and then they receive or emit energy from photons in a Compton scattering
process and thereby they are said to be in a Synchrotron Self-Compton (SSC) process. When
the seed photons are produced outside of the jet, the Compton scattering emission is called
EC emission (Radiative Processes in High Energy Astrophysics, 2013).

There are two different models that can describe the high frequency emission from AGN,
namely the Leptonic and Hadronic models. The difference between the Leptonic and
the Hadronic models is the particles that produce their radiation in their high-frequency
components (Cerruti et al., 2017). The Leptonic model has an electron distribution in its
emission region (blob). In the Hadronic model the emission region contains a distribution of
relativistic electrons and protons. In the Hadronic model it is the protons that lose energy
through processes such as photo-pion production and pair production to emit gamma-rays
(Mastichiadis, 1996). The Leptonic and Hadronic models are described separately in the
following paragraphs.

1.2.3.1 Leptonic SED-model

In Leptonic models the radiation in the EM spectrum is dominated by leptons (electrons,
with the possibility of positrons) (Böttcher et al., 2013). The possible protons that are in
the emission region are not accelerated to high enough energies to contribute to the radiation
output (Böttcher et al., 2012; Böttcher et al., 2013). However, the proton energy should still
be included in total energy considerations. This is because momentum carried by the jet
can sometimes be dominated by the more massive protons. The electrons cause synchrotron
radiation at low frequencies, that can Compton scatter low-energy photons to high-energy
radiation. The SED of this model (Figures 1.3 and 1.21) has a low-frequency component
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that is the sum of the electron-synchrotron and (thermal) accretion disc radiation. Its high-
frequency component is the sum of the SSC radiation and the EC scattering radiation from
the disc and the BLR (Zhang and Böttcher, 2013).

1.2.3.2 Hadronic SED-model

The low-frequency component of the Hadronic model is the sum of the electron-synchrotron
and accretion disc radiation. In the high-frequency component the radiation in the X-
ray and gamma-ray bands is due to proton-proton interactions or photo-pion interactions
(p + γ → π0 + p or p + γ → n + π+) which produce particle cascades (π0 → γ-ray+γ-ray or
n→ e−+ ν̄e+p and π+ → µ++νµ where µ+ → e++ ν̄µ+νe or for π− decay µ− → e−+νµ+ ν̄e).
These cascades produce gamma-rays and provide the necessary particles for photon-photon
production, synchrotron radiation of relativistic protons and synchrotron radiation from sec-
ondary electron-positron pairs (when γ-ray+γ → e− + e+) (Böttcher et al., 2012; Cerruti
et al., 2017; Katz and Spiering, 2012; Mastichiadis, 1996; Zhang and Böttcher, 2013). These
particle processes are illustrated in Figure 1.17. Protons will always undergo synchrotron
radiation, but if they have high enough energies they can undergo photo-pion production
to produce EM cascades (Böttcher, 2007; Böttcher et al., 2013). The different radiation
components of the Hadronic model are illustrated in the SEDs of Figures 1.3 and 1.21.

Figure 1.17: Schematic of particle processes of the Hadronic model. At the top of the figure it
is shown that a neutron can escape the magnetic field and decay outside of the jet to provide
the cosmic rays detected on Earth (Katz and Spiering, 2012). This figure is taken from Katz
and Spiering (2012).
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1.2.4 Polarisation

Polarisation is described on a very basic level and then a specific explanation for synchrotron
polarisation is given. A short description is given on the polarisation for the high-energy
models.

The polarisation of an electromagnetic wave is defined by the direction of its oscillat-
ing electric field vector. The wave equation for an electric field E can be calculated with
Maxwell’s equations (Griffiths, D. J., 2013). Faraday’s law is given by

∇×E =
∂B

∂t
. (1.57)

Taking the curl of Faraday’s law yields

∇× (∇×E ) = − ∂

∂t
(∇×B) (1.58)

∇(∇ ·E)−∇2E = − ∂

∂t
(µ0J + µ0ε0

∂

∂t
E ) (1.59)

∇2E = µ0ε0
∂2

∂t2
E + µ0

∂

∂t
J +∇(

ρ

ε0
) (1.60)

where J is the current density, ρ is the charge density, ∇× (∇× E ) = ∇(∇ · E ) −∇2E is
a vector identity, ∇ × B = µ0J + µ0ε0 · ∂E/∂t is Ampére’s law with Maxwell’s correction
and Gauss’s law ∇ · E = ρ/ε. This is in the form of the inhomogeneous wave equation
∇2ϕ = ∂2ϕ/(c2∂t2) + A, with c = 1/

√
µ0ε0. For a homogeneous wave equation that is far

away from the source where ρ = 0 and J = 0,

∇2E = µ0ε0
∂2E

∂t2
. (1.61)

The homogeneous wave equation for the magnetic field ∇2B = µ0ε0 · ∂2B/∂t2 can also be
calculated with Maxwell’s equations. The solutions of the wave equations are given as

E(r , t) = E0 · cos(k · r − ωt+ δ)n̂ (1.62)

B(r , t) = B0 · cos(k · r − ωt+ δ)(k̂ × n̂) (1.63)

where E0 and B0 are the amplitudes of the E and B wave equations, k is the wave vector and
n̂ the direction of polarisation in the direction of E . For these transverse waves n̂ · k̂ = 0,
with E and B perpendicular to each other in the relationship B = (k̂ ×E )/c.

The light we receive can be circularly polarised, linearly polarised or elliptically polarised.
Figure 1.18 shows the electron’s velocity vector described by a velocity cone, as it gyrates
along the magnetic field. The acceleration a of the electron will be in the direction of v ×B
(Longair, 2011). Linear polarisation will be observed when our LOS is perpendicular to the
magnetic field. If our LOS is parallel to the magnetic field, the electric field oscillation in
the beam of the electron will be seen to move in a circle as the electron orbits around the
magnetic field. This is called circular polarisation (Figure 1.19) and can be in both rotation
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Figure 1.18: Geometry of synchrotron polarisation. This figure was taken from
Longair (2011).

directions, that is left- or right handed, depending on whether the magnetic field is pointing
in our direction or away from us. If the gyration of the electron is viewed with our LOS at an
inclination angle to the magnetic field, elliptical polarisation is seen. Elliptical polarisation
can also be left- or right handed depending from which side it is observed. For elliptical
polarisation the electric field vector will trace out an ellipse in the x-y plane (Figure 1.19).
The amplitudes of the wave in the x and y direction Ex 6= Ey. The x and y components are
in a different phase δ, so that for a wave moving in the z-direction

Ex = Exsin(kz − ωt+ δ)x (1.64)

Ey = Eysin(kz − ωt)y (1.65)

for E = Ex + Ey .

Figure 1.19: The classification of polarisation. This figure is taken form Nave (n.d.).

EM radiation can be composed out of components that are polarised and unpolarised. Po-
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larimetry is the measurement of the polarisation of EM waves. The degree of polarisation
tells us how much of the EM radiation is polarised. Observing 0% polarisation implies that
the EM radiation is completely unpolarised, whereas 100% polarisation will mean that the
radiation is completely polarised.

1.2.4.1 Synchrotron polarisation

Synchrotron emission has the attribute of being strongly polarised. A single relativistic elec-
tron (or other charged particle) produces elliptically polarised radiation (Rybicki and Light-
man, 1979), as illustrated in Figure 1.19. For synchrotron polarisation the emission of not

Figure 1.20: The power components Pω,⊥ and Pω, ‖ with their electric field vectors perpendic-
ular and parallel to the projection of the magnetic field on the plane of the sky. This figure
is taken from Rybicki and Lightman (1979).

just one particle but a distribution of particles that are at different pitch angles to the mag-
netic field should be considered. Some electrons are observed to have radiation that is left
hand polarised and some electrons are observed to have radiation that is right hand polarised
at the same time. These can cancel each other out so that the overall radiation is mostly
linearly polarised. Synchrotron radiation is then said to be partially linearly polarised and
can be completely described by the power components Pω,⊥ and Pω, ‖ (as illustrated in Figure
1.20), at a certain frequency. For a single particle, Rybicki and Lightman (1979) derived these
powers at angular frequency ω = 2πν and found them as

Pω,⊥ =

√
3q3B sin η

4πmc2
[F (x) +G(x)], (1.66)

Pω, ‖ =

√
3q3B sin η

4πmc2
[F (x)−G(x)], (1.67)

where x = ω/ωc, F (x) is defined in equation (1.35) and

G(x(γ)) = x(γ)K2/3(x(γ)) (1.68)
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with K2/3 the modified Bessel function of second kind of order 2/3.
For particles at a single energy γ the degree of linear polarisation is given as

Πsy
ω = FB ·

Pω,⊥ − Pω, ‖
Pω,⊥ + Pω, ‖

= FB ·
G(x)

F (x)
, (1.69)

where FB (unitless) indicates how well the magnetic field is ordered. For a distribution
of electrons the synchrotron polarisation is calculated as

Πsy
ω = FB ·

〈G(x)〉
〈F (x)〉

, (1.70)

with

〈G(x)〉 =
∫
Ne(γ)G(x(γ))dγ =

∫
Ne(γ)x(γ)K2/3(x(γ))dγ (1.71)

〈F (x)〉 =
∫
Ne(γ)F (x(γ))dγ =

∫
Ne(γ)x(γ)

∫ ∞
x(γ)

K5/3(x(ξ))dξdγ (1.72)

by substitution of equation (1.68) and equation (1.35).

The maximum degree of polarisation for a power law distribution of electrons is given
by Rybicki and Lightman (1979) as

Πsy
max, powerlaw = FB ·

p+ 1

p+ 7
3

= FB ·
αsy + 1

αsy + 5
3

. (1.73)

For a broken power law, two maximum polarisations can be calculated as will be shown in a
plot in the next chapter.

The total polarisation Πν is calculated by knowing that the degree of linear polarisa-
tion will be a fraction of the total emission contributed by all the components. Since the
accretion disc and emission lines are unpolarised, the total polarization will only be a fraction
of the synchrotron polarization, giving

Πν =
Πsy
ν · F sy

ν

F sy
ν + F d

ν + F line
ν

(1.74)

where F line
ν is the flux of the lines.

1.2.4.2 High-Frequency Component Polarisation

Zhang and Böttcher (2013) developed a code to model the SSC polarisation. Their code
includes the Leptonic and Hadronic models and is fitted to the observations from blazars.
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The high-frequency component in the Leptonic model is from SSC and EC processes. Only
the SSC polarisation is calculated, since the EC emission is expected to be unpolarised.
For the Hadronic model the polarisation is calculated from the synchrotron emission from
primary electrons and protons, the synchrotron emission from secondary electron-positron
pairs produced in cascade processes and the SSC emission from primary electrons.

For the FSRQs, 3C279 and PKS 0528+134 (Figure 1.21), it is found that the Leptonic
model produces a lower degree of polarisation compared to the Hadronic model. It is
suggested that in order to distinguish between the Leptonic and Hadronic models, optical
polarimetry should be included with X-ray and gamma-ray polarimetry, to constrain the
ordering of the magnetic field.

Figure 1.21: The high-frequency components produced by the Zhang and Böttcher (2013)
code. Leptonic (red) and Hadronic models (green) and polarisation for the FSRQ:
3C279 (left) and PKS 0528+134 (right). These plots cover frequencies in the UV through
gamma-ray bands. The contributing components are labelled in the legend. Top panels:
The maximum degree of polarisation. Bottom panels: The SED.
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1.3 Outline

A few selected previously conducted related work, the problem statement and the research
goal will now be given towards the subject of this dissertation.

1.3.1 Previously Conducted Related Work

Smith et al. (1986) found through polarimetric (near-infrared and optical) and photometric
monitoring of 4C345 that it always showed a higher degree of polarisation towards shorter
optical frequencies. The source had a higher degree of polarisation in its flare state compared
to its quiescent state. They used a model that consisted of a power law synchrotron compo-
nent and black body component (for the optically thick thermal accretion disc) to show how
the thermal component diluted the polarised light. Their black body component was found
to be at temperatures of 13 000−20 000 K and they concluded that it is not well constrained
since it might have a higher temperature because they did not include wavelengths shorter
than 2260 Å (in the rest frame).

Ghisellini et al. (2010) modelled the SEDs of blazars of known redshifts with a Lep-
tonic model and implemented the SS accretion disc model (Ghisellini and Tavecchio, 2009;
Shakura and Sunyaev, 1973). The dust torus component was also taken into account.
Ghisellini et al. (2011) studied the SEDs of 19 blazars (FSRQs) that are at redshifts z > 2
and it was estimated that almost all blazars in their sample (including 4C+01.02) have BH
masses ∼ 109 M�. For the source 4C+01.02, their model obtained its BH mass as 5×109 M�
(Ghisellini et al., 2010). In this dissertation this source will be modelled by not only taking
its SED into account, but also its spectropolarimetry to estimate the mass of its BH. Most of
the work on quasars are not taking the spectropolarimetry into account. Spectropolarimetry
holds additional information that is important to our understanding of quasars.

Barres de Almeida et al. (2014) used optical polarisation observations to model the SEDs of
blazars. Their method was able to simultaneously describe the SED and variability of the
source PKS2155-304. A simultaneous fit of the multiwavelength spectrum, variability and
polarisation was conducted by Zhang et al. (2015), for a flare of 3C279.

Constraining the BH mass will be an important result in this dissertation. Other tech-
niques that I will briefly mention, include firstly, reverberation mapping that can estimate
the size of the BLR and the mass of the BH. With this, Park et al. (2017) estimated the
BH masses in the range 106.5 − 107.5 M� for six reverberation-mapped AGN at redshift
z = 0.005 − 0.028. Secondly, Shen et al. (2011) compiled a catalogue of the properties of
105 783 quasars by using the emission lines Hα, Hβ, Mg II and C IV to produce continuum
and emission line measurements to compile virial BH mass estimates.

1.3.2 Problem statement

When modelling the SED of an AGN there are uncertainties in its physical parameters, such
as the characteristic energies γ1, γb, and γc in the emission region, the spectral indices, the
ordering of the magnetic field, the magnetic field strength, the BH mass and the size and
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location of the emission region. This is due to the absence of polarisation data (for example
in the UV and X-ray band) and variability data (observations of a source in a specific EM
band over a period of time that will show variability). More observations and information
need to be included that will enable these parameters to be better constrained.

The following questions will be explored in this dissertation: What are the electron
distribution parameters? Does the degree of ordering of the magnetic field decrease from the
flare to the quiescent state? How well are the flare and quiescent states fitted, by knowing
that in both these states the BH mass should be the same? What is the disc luminosity in
these two states and can they be interpreted as expected, that is the flare will have a higher
disc luminosity than the quiescent state? How does this model compare to previous models?

1.3.3 Research Goal

In this dissertation we focus on producing a Python coded model to fit the radio through
optical/UV SED and frequency-dependent degree of polarisation within the optical spectrum
of a nonthermal FSRQ jet and its thermal accretion disc. The model will be fitted to the SED
and spectropolarimety data of the FSRQ 4C+01.02. With this, the relationship between the
SED and polarisation of AGN can be studied and the unpolarised accretion disc contribution
can be constrained in the optical/UV spectrum. From the code the following parameters
can be determined: the BH mass, disc luminosity, degree of ordering of the magnetic field,
electron distribution energies and spectral indices.

The content of this dissertation follows as:
In Chapter 2 the SED and polarisation model is presented. Chapter 3 describes the
observations and what processing has been done to obtain the data that is used to fit the
model. The results are given in Chapter 4 and they are discussed in Chapter 5. The
summary and conclusions are given in Chapter 6. Future work is discussed in Chapter 7.
Lastly, the contributors to this project are acknowledged.
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Chapter 2

Spectral Energy Distribution and
Polarisation Model

We present a code that simultaneously fits the low-frequency component of the SED and
the optical degree of polarisation of FSRQs. The model calculates the synchrotron SED and
polarisation components from a broken power-law, exponential cut-off electron distribution.
The unpolarised SS accretion disc flux is then added to the SED along with the most
prominent emission lines from the BLR. The model is fitted to the observations of the source
4C+01.02 (z = 2.1) for which the Lyα and C IV lines are most prominent. In the optical/UV
band, the total degree of polarisation as a function of frequency can be calculated assuming
that the accretion disc flux and BLR emission lines are unpolarised.

Within this chapter the input parameters are first defined and thereafter there is a section
describing and testing the code for the SED components and the synchrotron polarisation
without implementing a fit. Lastly, the main code is described.

2.1 Input Parameters

For our studied source, the FSRQ 4C+01.02, the values of the input parameters follow as:

• z — The redshift for 4C+01.02 is given by NED results for object 4C +01.02 (2018) as
z = 2.1.

• dL — The luminosity distance to 4C+01.02 is dL = 4.952× 1028 cm.

• δ — The Doppler factor is taken as δ = 10.

• Rin — The innermost stable orbit for a non-rotating BH is Rin = 3Rs (Shakura and
Sunyaev, 1973).

• Rout — The outer radius boundary of the accretion disc which is assumed to be
Rout = 103Rs. At a radius this far out from the BH, there is a negligible contribution
to the optical/UV emission beyond this radius.

• ε — The efficiency of converting potential energy into radiation is assumed to be
ε = 1/12.
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• B — The magnetic field is assumed as B ∼ 0.3 G.

The electron distribution at the characteristic Lorentz factor energies γmin, γb and γc in the
emission frame where calculated from the observed characteristic synchrotron frequencies, by
using the relationship νsyobs = ν0γ

2
em · δ/(z + 1), as was described in section 1.2. Log-spaced

range interpolations are used throughout the code.

By only including the synchrotron component of the nonthermal radiation during the
model fit, there are degeneracies in the electron distribution energies γ’s and the magnetic
field B. These parameters can be more accurately constrained by including the Compton
scattering components in the fit.

2.2 Initialisation and Code tests of

Electron Distribution, Flux Components and Syn-

chrotron Polarisation

In this section the electron distribution, flux components and synchrotron polarisation are
calculated, separately. Tests are done without taking cosmological redshift and Doppler
boosting effects into account. They are taken into account in the main code.

The electron distribution is calculated as a broken power law with an exponential cut-off
spectrum, as given by equation (1.1), and the result is shown in the upper left plot of Figure
2.1.

The accretion disc flux is calculated using equation (1.30) by implementing the midpoint-
integration technique (see Appendix B) to integrate over the disc radius. This technique is
also implemented for the integrations over the Lorentz factor energies γ for the synchrotron
flux, given by equation (1.55) and the synchrotron polarisation, given by

Πsy
ω = FB

∫
Ne(γ)x(γ)K2/3(x(γ))dγ∫

Ne(γ)x(γ)
∫∞
x(γ) K5/3(x(ξ))dξdγ

, (2.1)

when equations (1.71) and (1.72) are substituted into equation (1.70). The resulting accretion
disc and synchrotron radiation spectra are shown in the upper right and lower left plots of
Figure 2.1, respectively. The plot of the synchrotron radiation spectrum is in agreement with
equation (1.56) by following the relationships: νFν ∝ ν4/3 for ν < νmin, νFν ∝ ν1/2 for p = 2,
where νmin < ν < νb and νFν ∝ ν0.05 · e−ν/νc for p = 2.9, where νb < ν < νc.

For the synchrotron polarisation described by equation (1.70), the polarisation is di-
vided by the FB factor and plotted as function of ν in the right lower plot of Figure 2.1.
The Bessel functions K2/3 and K5/3 are calculated using the inbuilt python Bessel function
mpmath.besselk(), where mpmath is the python package. The upper limit of the Bessel
function

∫∞
x K5/3(ξ)dξ requires an integration to infinity. In the program this was achieved

using the midpoint integration technique, and a DO LOOP stepping through logarithmically
increasing values until the term

∫∞
x K5/3(ξ)dξ gives insignificantly small values and then the

loop is exited. In Figure 2.1 (lower right) it can be seen that Πsy
max(p1 = 2)/FB = 0.69 and
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Figure 2.1: Model components. An electron distribution (upper left) of n0 = 1 × 1054

electrons is defined by a broken power law energy distribution with spectral indices p1 = 2
and p2 = 2.9, and Lorentz factors γb = 2.899× 102 and γc = 1.242× 104 that are calculated
from the synchrotron flux cut-off frequencies with the ν = ν0γ

2 relation, yielding the break
frequency νb = 6.48×1011 Hz and the cut-off frequency νc = 8.19×1014 Hz. The accretion disc
flux (upper right) for the mass of a BH MBH = 109 M�, disc luminosity Ld = 1046 erg · s−1

and the distance to the source d = 4.952 × 1028 cm. The synchrotron flux (lower left)
and synchrotron polarisation (lower right) from this given electron distribution, with the
ordering of the magnetic field FB = 1.

Πsy
max(p2 = 2.9)/FB = 0.75 correspond to the zero slopes of the plot, in agreement with

equation (1.73).
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2.3 Main Code: The Simultaneous SED and

Polarisation Fit

In this section the main code will be described. Two fits are simultaneously conducted: (1) the
total flux function is fitted to the low-frequency SED data, and (2) the total polarisation degree
function is fitted to the optical degree of polarisation data. The fit is done by using the fit
function curve fit() from the python scipy.optimize package, to find the parameters agreeing
with both the SED and degree of polarisation observations. Our model is dependent on the
following components: the synchrotron flux nuF sy(), the accretion disc flux nuF d(), the
synchrotron polarisation SyPolDeg() and the flux of the lines Fnu line(). The contribution
of the most prominent emission lines Lyα and C IV is calculated by using the Gaussian
(equation 1.31). The free parameters h1 and h2, are used to determine the heights of the
emission lines. The flux of the emission lines is not included in the total flux function, since it
is negligible during the total flux fit. The first argument in the functions is the frequency nu,
with the other entries the free parameters. The free parameters are: the number of electrons
n0, the characteristic energies γmin, γb and γc, the spectral indices p1 and p2, the ordering of
the magnetic field FB, the BH mass MBH , the accretion disc luminosity Ld and the emission
line parameters h1 and h2. In the code they are written as n0, gamma 1, gamma b, gamma c,

p1, p2, F B, Mbh, Ld, h1 and h2, respectively.

1 de f nuF tota l (nu , n0 , p1 , p2 , gamma 1 , gamma b , gamma c , Mbh, Ld) :
2 re turn nuF sy (nu , n0 , p1 , p2 , gamma 1 , gamma b , gamma c) + nuF d (nu , Mbh,

Ld)

Code Excerpt 2.1: Python Code – The total flux nuF total() is defined as a function of
frequency nu and free parameters. It is calculated as the sum of the synchrotron flux function
nuF sy() and accretion disc flux function nuF d().

1 de f TOTAL POL DEGREE(nu , n0 , p1 , p2 , gamma 1 , gamma b , gamma c , F B ,
2 Mbh, Ld , h1 , h2 ) :
3 re turn SyPolDeg (nu , p1 , p2 , gamma 1 , gamma b , gamma c , F B) ∗nuF sy (nu , n0 ,

p1 , p2 , gamma 1 , gamma b , gamma c) /( nuF sy (nu , n0 , p1 , p2 , gamma 1 , gamma b
, gamma c) + nuF d (nu ,Mbh, Ld)+nuF l ine (nu , n0 , p1 , p2 , gamma 1 , gamma b ,
gamma c , h1 , h2 ) )

Code Excerpt 2.2: Python Code – The total optical degree of polarisation
TOTAL POL DEGREE() (equation 1.74) is a function of the synchrotron polarisation degree
SyPolDeg(), the synchrotron flux nuF sy(), the accretion disc flux nuF d() and the flux
of the lines nuF line().

Since the data obtained are in the observer’s frame, the accretion disc flux and emission lines
flux are redshifted to the observer’s frame using equation (1.3). The synchrotron flux and
polarisation are redshifted and Doppler-shifted using equation (1.4) to the observer’s frame.
The redshift and Doppler-shift (in the case of calculating the synchrotron flux) are coded
into the flux component functions: nuF d(), nuF line() and nuF sy().
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The following code excerpt 2.3 shows the code that does the simultaneous fit, adapted
from Simultaneous data fitting in python with leastsq (2014):

1 de f s im u l f i t ( cu rve f i t xda ta , n0 , p1 , p2 , gamma 1 , gamma b , gamma c , F B , Mbh,
Ld , h1 , h2 ) :

2 x1 = cu rv e f i t xda t a [ 0 ]
3 x2 = cu rv e f i t xda t a [ 1 ]
4 f i t 1 = nuF tota l ( x1 , n0 , p1 , p2 , gamma 1 , gamma b , gamma c , Mbh, Ld)
5 f i t 2 = TOTAL POL DEGREE(x2 , n0 , p1 , p2 , gamma 1 , gamma b , gamma c , F B , Mbh

, Ld , h1 , h2 )
6 re turn numpy . concatenate ( ( f i t 1 , f i t 2 ) )
7 cu r v e f i t xda t a = numpy . concatenate ( [ [ x1 , x2 ] ] )
8 cu r v e f i t yda t a = numpy . concatenate ( [ y1 , y2 ] )
9 popt = c u r v e f i t ( s imu l f i t , cu rv e f i t xda ta , cu rve f i t yda ta , p0 ,

10 bounds = ( [ n0 lower , ps lower , ps lower , gamma1 lower , gammab lower ,
gammac lower , FB lower , Mbh lower , Ld lower , h1 lower , h2 lower ] ,

11 [ n0 upper , ps upper , ps upper , gamma1 upper , gammab upper , gammac upper ,
FB upper , Mbh upper , Ld upper , h1 upper , h2 upper ] ) )

Code Excerpt 2.3: Python Code – Simultaneous Fit.

In the function simul fit() the model functions (Code Excerpts 2.1 and 2.2) are as-
signed, which will be used to calculate the residual between the model and the data in the
curve fit() function. (x1, y1) contains the archival and photometry flux data. (x2, y2) con-
tains the optical degree of polarisation data from the SALT spectropolarimetry observations.
These observations will be described in Chapter 3. Since we desire the curve fit() function
to calculate the parameters of both of these functions simultaneously, the two functions fit1
and fit2 are concatenated together. This means that the output array of the first function
is followed by the output array of the second function. The curve fit() function also has
one input for x-data and one for y-data. The x1 and x2 arrays are therefore concatenated
together as curvefit xdata, inserted as the x-data and split again within the simul fit

function. The same procedure is followed for y1 and y2.

The curve fit() built-in scipy fitting function is called in line 9. The input arguments for
this function follow as our defined simul fit() function, the arguments that are the SED
and degree of polarisation data, the initial array of estimate parameters that guides the fit
that is given by a p0 array and bounds that contains two arrays, one for the lower boundaries
of the parameters and the second for the upper boundaries. The returned output popt holds
the obtained parameters. When the free parameters are constrained, the maximum disc
temperature can be calculated with equation (1.18).
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Chapter 3

Observations

Studying the physics of AGN has rapidly developed in the past few years due to better
observational instruments. By observing blazars, their structure, continuum spectrum, and
polarisation variations can be studied.

A general introduction is given about the multiwavelength observations. We then focus
in on the observatories that contributed to collecting the data of our studied source. The
main analysis procedures are given for data contributed by collaborators within this project.

3.1 Multiwavelength Observations

Figure 3.1 shows an illustration of observatories at the different regimes in the EM spectrum.
A wave illustrates the EM spectrum with increasing wavelength from the gamma-ray band
to the radio band. Some detectors must be placed in orbit above Earth since the atmosphere
is only transparent to optical and radio wavelengths.

Observations within this project are conducted in collaboration with the Southern African
Large Telescope (SALT) Large Program (PI: David Buckley, from the South African As-
tronomical Observatory (SAAO)) (Böttcher et al., 2017). This program entails Target of
Opportunity (ToO) spectroscopy and spectropolarimetry observations of transient objects
such as X-ray binaries, cataclysmic variables, tidal disruption events, gamma-ray bursts, no-
vae, microlensing events and blazars. Table 3.1 lists the blazars for which spectropolarimetry
observations have been obtained. The programme continues and more observations have been
obtained. The preliminary polarisation degrees are shown within the last column of this ta-
ble. When the Fermi Large Area Telescope (Fermi-LAT) detects a flare, SALT Large Program
ToO observations are triggered. When possible, optical photometry data from Las Cumbres
Observatory (LCO) and X-ray data from Neil Gehrels Swift Observatory (Swift) are obtained
for the same flare. The observations discussed below are for the FSRQ 4C+01.02 (also known
as PKS B0106+013). Additional archival data for radio-, microwave-, visible- and UV band
observations are taken from NED results for object 4C +01.02 (2018).
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Figure 3.1: Spacecraft and telescopes (operational in February 2013) observing at different
wavelengths across the EM spectrum. This illustration is not complete in showing all the ex-
isting observatories. Illustration credit: Observatory images from NASA, ESA (Herschel and
Planck), Lavochkin Association (Specktr-R), HESS Collaboration (HESS), Salt Foundation
(SALT), Rick Peterson/WMKO (Keck), Germini Observatory/AURA (Gemini), CARMA
team (CARMA), and NRAO/AUI (Greenbank and VLA); background image from NASA.

3.1.1 SALT – Spectropolarimetry

SALT is one of the largest optical telescopes in the world with a hexagonal primary mirror
array with a diameter of 11 metres, consisting of ninety-one 1 m hexagonal mirrors (Crawford
et al., 2012). It is located at the SAAO field station, near Sutherland in South Africa.

One of the main instruments of the telescope - the Robert Stobie Spectrograph (RSS)
- can perform spectroscopy (the study of spectra) in the wavelength range 3200Å−9000Å
(Kobulnicky et al., 2003). The RSS has spectropolarimetry capabilities which allows for
polarimetry measurements of near-infrared and optical waves. Figure 3.2 shows the spec-
tropolarimetry observations for five observation windows, that is for 9 July 2016; 27, 28 and
29 November 2016 and 25 July 2017. A flare is observed on 9 July 2016 and a low polarisation
state is observed on 25 July 2017. Our model will interpret and distinguish these two (high
and low) states from one another. The top panel shows the RSS count spectra for the
different observations. The first dominant peak (from the left) is the Lyα line and the second
dominant peak is the C IV line. The fifth dashed line is a telluric absorption line. The second
panel shows the degree of polarisation where there is a decrease in polarisation towards
lower wavelengths/higher frequencies. This indicates that there should be an unpolarised
component, that is, the accretion disc. The bottom panel shows the equatorial polarisation
angle. Our model is not dependent on the polarisation angle. The spectropolarimetry was
taken with the RSS in “LINEAR”-mode (Crawford et al., 2012). These observations were
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Table 3.1: SALT Large Program ToO spectropolarimetry observations for flaring blazars.
Last modified: 13 November 2018.

conducted with an exposure time of 600 s for each of the orientations of the half wave plates
(0◦, 45◦, 22.5◦ and 67.5◦) (Böttcher et al., 2017). Data was reduced with the POLSALT
reduction pipeline (Polarimetric reductions for SALT, 2019).

3.1.2 LCO – Optical Photometry

In the optical spectrum the brightness of the source can be measured in different bands
by using different filters. Measuring the brightness of a source is called photometry. The
brightness of a source is measured in magnitudes. Differential photometry is the process in
which the magnitude of a target source is evaluated by comparing its photon count rates
to those of a source that is non-variable and (preferably) of the same spectral type as the
target. Differential photometry corrects for atmospheric effects and the change in magnitude
of the target source to be determined. The magnitude of the target source can also be found
when there is a source with a calibrated magnitude in its field of view, that is, when the two
sources are observed through the same changing atmosphere.

The Las Cumbres Observatory (LCO) is a global network of telescopes which contributes
to continuous observations over several days. SAAO, near Sutherland, is part of the LCO
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Figure 3.2: SALT observations of 4C+01.02 for five observation windows: the flare state in
9 July 2016 is shown in dark blue, 27 November 2016 is shown in green, 28 November 2016
is shown in red, 29 November 2016 is shown in cyan blue and the quiescent state in 25 July
2017 is shown in purple. Dashed lines indicate the following emission lines in the emission
frame from left to right: Lyα 1216Å, Si IV 1400Å, C IV 1549 Å, C III 1909 Å (in this plot,
they are plotted in the observed frame). The last line is a telluric absorption line. Top
panel: The SALT-RSS count spectra. Middle panel: The linear polarisation percentage at
different wavelengths. Bottom panel: The Equatorial polarisation angle for these different
wavelenghts. These are produced by Brian van Soelen and Richard J. Britto (UFS, SALT)
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network and collaborators from the UFS contributed to the photometry data within our
project. So far, the LCO has a network of eighteen telescopes but, after its construction is
complete there will be two 2 m Faulkes telescopes, seventeen 1 m telescopes and twenty-three
40 cm telescopes world wide (Brown et al., 2013). This observatory can perform observations
in the near-infrared and optical bands.

Photometric observations were conducted with the 1m class telescope along with the
Santa Barbara Instrument Group (SBIG) CCD. Data reduction was performed using the
IRAF/NOAO packages (Böttcher et al., 2017). The magnitudes of four comparison stars
were used to perform differential photometry. These magnitudes were taken from the
NOMAD catalog. For the flare state of the source in 2016, contemporaneous photometric
data points were observed on 2 August 2016 and reduced by Johannes P. Marais and for
the quiescent state in 2017 the contemporaneous photometry magnitudes were observed on
27 October 2017 and reduced by Brian van Soelen.

3.1.2.1 Converting Photometric Magnitudes to Fluxes

A python code was programmed to do a magnitude to νFν flux conversion. This conversion
is explained by applying the following procedure on the photometric observations for the
quiescent state of 4C+01.02 on 27 Oct 2017:

The apparent Johnson photometry magnitudes in the B-, V- and R filters in the opti-
cal band and the I filter in the near-infrared band, their magnitude errors, the extinction
coefficient and the zero-point flux normalisation for each filter are listed in Table 3.2.

Filter Frequency ν
[×1014 Hz]

F0 [Jy] Aλ Magnitude Magnitude Error

B 6.849 4063 0.088 18.489 0.109

V 5.505 3636 0.066 18.375 0.062

R 4.680 3064 0.053 18.145 0.092

I 3.759 2416 0.036 17.457 0.122

Table 3.2: Input values for converting photometry magnitudes to fluxes. The third col-
umn gives the zero-point flux (Bessell et al., 1998) and the forth the extinction coefficient
(NED results for object 4C +01.02, 2018). The last two columns give the B-, V-, R- and I-
magnitudes and their errors obtained with LCO for 4C+01.02 on 27 Oct 2017 (produced by
Brian van Soelen).

The flux νFν in units of [10−23 · erg · cm−2 · s−1 · Hz−1] is calculated as

νFν = νF0 × 10(Aλ−m)/2.5 (3.1)

where m is the magnitude, Fν is the flux at frequency ν, Aλ is the interstellar extinction
coefficient and F0 is the zero-point flux normalisation (zero point of the magnitude scale).
The magnitude error is added and subtracted from the magnitude value to calculate the upper
limit and lower limit magnitude for each filter, respectively. By substituting the resulting
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magnitudes in equation (3.1) the νFν upper and lower limits are obtained. The results are
shown in Table 3.3.

Filter Frequency ν
[×1014 Hz]

Flux νFν
[×1010 Jy · Hz]

Flux Error νF err
ν

[×1010 Jy · Hz]

B 6.849 12.139 1.277

V 5.505 9.500 0.553

R 4.680 8.311 0.738

I 3.759 9.769 1.163

Table 3.3: Photometry points to flux conversion results: νFν versus ν.

3.1.3 Swift – X-rays

The X-ray spectrum was observed by Swift, which is a spacecraft that carries three instru-
ments: an X-ray Telescope (XRT) (covering an energy range of 0.2− 10 keV) which obtained
our data, but it also has an UV/Optical Telescope (UVOT) (covering a wavelength range of
170−600 nm) and a Burst Alert Telescope (BAT) which is an all-sky monitor for the primary
purpose of detecting gamma-ray bursts and other soft gamma-ray transients (covering an en-
ergy range of 15−160 keV) (Barthelmy et al., 2005; Burrows et al., 2005; Roming et al., 2005).

The X-ray spectrum for the flare state used in our model is the archival data from the
summed observations from 2007 to 2008 (Ghisellini et al., 2011), since these correspond
to the flare/elevated gamma-ray flux state (Böttcher et al., 2017). Abe Falcone and
Amanpreet Kaur performed the data reduction for the quiescent state that was observed on
2 August 2017. A χ2-analysis was performed to obtain the corresponding spectral index for
a fixed column density NH . Their results are given in Table 3.4.

3.1.3.1 Converting XRT-data from Spectral Index and Unabsorbed Flux

In this section the analysis to obtain the X-ray SED fluxes for the quiescent state of 4C+01.02
is described using the information from Table 3.4 and the results are shown in Figure 3.3.
The physical meaning of these results will be described.

X-rays propagate through a column of gas from the source to the observer. In the analysis
the density was fixed to the Galactic hydrogen density. An X-ray photon will interact with
an electron in the atom of this gas to remove the electron from its shell, with the incident
X-ray photon being completely absorbed. This is called the photoelectric effect and can
take place when the photon has an energy equal to or higher than the binding energy of
the electron in its shell. The spectrum we receive is therefore going to be different than the
intrinsic spectrum before absorption.
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Value

Unabsorbed flux F
0.45 keV−6 keV 1.19× 10−12

[
erg

cm2·s

]
ε0 0.45

ε1 6

Spectral index Γ 1.43

Spectral index error Γerr 0.23

Table 3.4: Swift observations for 4C+01.02 on 2 August 2017 for fixed NH = 2.42 · 1020 cm−2,
produced by Abe Falcone and Amanpreet Kaur.
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Figure 3.3: Results of the XRT-data analysis python code by interpolating the range of
energies into 100 points. The black line indicates the νFν fluxes and the cyan filled in area
gives the uncertainty area of these fluxes.

The total unabsorbed photon flux F (that is the flux the source emitted and that was
corrected for the absorption) will be equal to the integration of the flux FE as a function of
photon energy E, integrated over the entire energy range (E0, E1), that is

F =
∫ E1

E0

FEdE. (3.2)

The flux at a specific energy is given by

FE = φEE (3.3)

where φE is the photon number flux

φE = φ1ε
−Γ

[
ph

cm2 · s · keV

]
(3.4)

with φ1 being the normalisation parameter, ε the energy per 1 keV and Γ the spectral index.
The units are indicated in the square brackets. Substituting equation (3.4) into equation (3.3)
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and then substituting this result into equation (3.2) yields

F =
∫ E1

E0

φ1Eε
−ΓdE. (3.5)

Solving for F with the energy of a photon E = ε · (1 keV) and dE = dε · (1 keV), gives

F = φ1

∫ E1

E0

(ε · 1 keV)ε−Γ(dε · 1 keV)
[ 1

cm2 · s · keV

]
= φ1

∫ ε1

ε0
ε1−Γdε

[ keV2

cm2 · s · keV

]
=

φ1

2− Γ
[ε2−Γ]ε1ε0

[ keV

cm2 · s
]
. (3.6)

Rewriting the result in terms of φ1 yields

φ1 =
(2− Γ)F (keV)−2

(ε2−Γ
1 − ε2−Γ

0 )
. (3.7)

The frequency times the flux can then be calculated as

νFν = φ1ε
2−Γ . (3.8)

To write ε in terms of frequency, thereby converting keV to Hz:

1 keV = 1.602× 10−9 erg

Planck’s constant h = 6.626× 10−27 erg · s

=>
1 keV

h

[ keV

erg · s
]

= 2.418× 1017 Hz (3.9)

so that

ε = E

1 keV = hν

1 keV = ν
2.418×1017 Hz

(3.10)

ν = ε (2.418× 1017 Hz) . (3.11)

This implies that

νFν = φ1

(
ν

2.418× 1017 Hz

)2−Γ

(keV)2 (3.12)

with

φ1 = (2− Γ)F

[(
ν1

2.418× 1017 Hz

)2−Γ

−
(

ν0

2.418× 1017 Hz

)2−Γ
]−1

(keV)−2. (3.13)

The analysis then follows as:

1. The frequency range can be calculated with equation (3.11) and the lower and upper
limits of ε that are given in the table. Calculate the upper and lower limits of Γ by
adding and subtracting the error from the Γ-value, that is

Γmin = Γ− Γerr (3.14)

Γmax = Γ + Γerr. (3.15)
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2. Calculate the normalisation parameter as given by equation (3.13). Also calculate its
lower and upper φ1, min and φ1, max with the lower and upper values of the spectral
index given by equation (3.14) and equation (3.15), respectively. The error of the
normalisation parameter can be calculated as

φ1, err =
|φ1, max − φ1, min|

2
. (3.16)

3. Calculate the flux νFν at a frequency ν by using equation (3.12). To find the error of
the flux, note that νFν, err is dependent on φ1, err and Γerr, where Γerr is an exponent.
By setting fΓ = ( ν

2.418×1017 Hz
)2−Γ and evaluating its error

fmin =
(

ν
2.418×1017 Hz

)2−Γmin
(3.17)

fmax =
(

ν
2.418×1017 Hz

)2−Γmax
(3.18)

fΓ, err = |fmax−fmin|
2

(3.19)

the flux error can be calculated as

νFν, err = φ1 · fΓ

√√√√(φ1, err

φ1

)2

+

(
fΓ, err

fΓ

)2

(keV)2, (3.20)

where νFν = φ1 · fΓ.

The results fall within the expected X-ray frequency region within the SED as shown in
Figure 3.3.

3.1.4 Fermi-LAT – Gamma-Rays

The Large Area Telescope (LAT) is a scientific instrument on board the Fermi spacecraft,
covering an energy range below 20 MeV to > 300 GeV (Atwood et al., 2009). Within the first
month of its operation the number of known gamma-ray emitting blazars was doubled, since
Fermi has an increased sensitivity by more than a magnitude compared to its predecessor
the Energetic Gamma-Ray Experiment Telescope (EGRET) (Abdo et al., 2009; Ghisellini
et al., 2010).

The Fermi data for the flare and quiescent states were obtained by Richard J. Britto
using Pass 8 Fermi-LAT data (Atwood et al., 2013) in the 100 MeV − 300 GeV range and
analysis with the Fermi Science Tools version v10r0p5 (Böttcher et al., 2017). A Region of
Interest (ROI)= 50◦, source region = ROI +10◦, SOURCE class, front and back type event,
zenith angle < 90◦, DATA QUAL=1, LAT CONFIG=1, diffuse emission: gll iem v06.fits
(Galactic) and ISO P8R2 SOURCE V6 v06.txt (extragalactic) templates, were used in the
analysis. Lightcurve processing was performed with the unbinned likelihood gtlike/pyLike-
lihood tool where the source was modelled with a power law spectrum. The SED was
processed with the binned likelihood analysis from the Enrico Python package.
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The lightcurve for 4C+01.02 during its flare state is shown from 11 May to 15 August
2016 in the top panel in Figure 3.4. The large gamma-ray flare can be seen in the 2-20 July
period where the flux peaks. This is also the highest observed flux yet detected by Fermi-LAT
for this source (Böttcher et al., 2017). For the quiescent state, gamma-ray observations were
obtained during the period 3 July-2 August, 2017.

Figure 3.4: Top panel: Fermi-LAT lightcurve for 4C+01.02. A plateau, main flare and
postflare are indicated between the vertical dashed lines. The main and post flare are also
observed by SALT and the South African Astronomical Observatory (SAAO) 1.9m Telescope,
respectively. Middle panel: The photon spectral index for a single power law is indicated
as a function of the Modified Julian Date (MJD), showing a fluctuation around the average
spectral index of 2.4 (indicated by the red dotted line). Bottom panel: Photon Energy
(GeV). Every point indicates one photon received with an energy > 5 GeV. Very few photons
are received with such high energies. The different colours indicate the confidence levels that
these photons are from the source. This figure is contributed by Richard J. Britto.
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Chapter 4

Results

This chapter gives the results of the simultaneous SED and optical degree of polarisation
model fitted to the FSRQ 4C+01.02 (z = 2.1), in its flare state of 2016 and quiescent state of
2017. The broad-band SED was calculated by applying the parameters found from this model
code in the Böttcher et al. (2013) code. To compare the results of the model to previous work
that has been done, the BH mass obtained by Ghisellini et al. (2011) was tested.

4.1 Simultaneous Fit Results

The simultaneous fit results obtained by the model are plotted in Figures 4.1 and 4.2.

The SED model components of the flare and quiescent state are shown in the left plots
in Figure 4.1. In each of these plots, the synchrotron flux component and accretion disc flux
component are fitted to the optical flux and the archival data. The photon spectral indices
for the synchrotron spectrum are calculated with α = (p− 1)/2 (equation 1.2).

On the right side in Figure 4.1 the SED components and degree of polarisation compo-
nents are plotted in the frequency range 2× 1014 to 1015 Hz to show the optical/UV regime.
Prominent emission lines: C IV and Lyα are at 6.6×1014 Hz and 7.93×1014 Hz, respectively.
For the flare, the low total degree of polarisation data point at ∼ 5× 1014 Hz could indicate
the non-prominent C III emission line. The line heights h1 and h2 values obtained during
the flare fit are used in the quiescent state fit, since the BLR does not change significantly
from one state to another.

4.2 Broad-band SED

In Figure 4.3 the X-ray and gamma-ray components (EC and SSC components) of the Lep-
tonic model are produced with the Böttcher et al. (2013) code that implements the parameters
obtained by the model (Tabel 4.1), that is the radiating electron distribution from the emis-
sion region and the magnetic field ordering. The high-frequency component is the sum of
the SSC, External Inverse Compton (BLR) (EIC), External Compton (Disc) (ECD) and
Extragalactic Background Light Absorption (EBL Abs.). The parameters used in their code
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are shown in Table 4.2. The distance from the BH to the emission region is defined by z0.
The observation angle is the angle between our LOS and the jet. The BLR radiation field is
approximately a black body. LB(jet) is the magnetic field luminosity, that is the energy that
the magnetic field carries out along the jet. LB/Le = UB/Ue is the equipartition factor, where
UB is the energy density of the magnetic field and Ue is the energy density of the relativistic
electrons.

4.3 Comparison to Previous Work: Model Results Us-

ing the BH mass obtained by Ghisellini et al. (2011)

For 4C+01.02, the BH mass 5 × 109 M� obtained by Ghisellini et al. (2011) was taken and
used in the SED and total degree of polarisation model. This BH mass was tested in two ways:
firstly, a sufficiently high enough synchrotron flux component compared to the accretion disc
flux component is required to reproduce high enough total degree of polarisation when the
unpolarised accretion disc emission dilutes the polarised synchrotron emission from the jet.
These results are plotted in Figures 4.4 and 4.6 and obtained parameters with the fit and
calculated values are given in Table 4.3. Note that for the quiescent state, the accretion disc
peak could not be fitted to right of the optical photometry points, because this requires that
the Eddington disc luminosity be exceeded. In the second way the disc luminosity is increased
to shift the accretion disc component to the appropriate frequencies at which a decrease in the
total degree of polarisation is expected. This required an accretion disc dominated spectrum
(similar to how Ghisellini et al. (2011) have modelled their spectrum). These results are
shown in Figures 4.5 and 4.7 and Table 4.4. The comparison between the results obtained
where the BH mass is 4.0× 108 M� and 5× 109 M� is discussed in the next section.
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Figure 4.1: The simultaneous SED and polarisation model (lines) fitted to the ob-
servations (points) of 4C+01.02 in its flare (upper plot) and quiescent state (lower
plot). The different model components and data are shown within the legend, where
the archival data for the radio-, microwave-, visible- and UV spectra are taken from
NED results for object 4C +01.02 (2018), and the LCO photometry points for the flare are
from 2 August 2016, produced by Johannes P. Marais and for the quiescent state are from
27 October 2017, produced by Brian van Soelen. The plots are shown as the low-frequency
component SED (left), SED in the optical/UV frequency range (upper right) and the model
prediction of the total degree of polarisation with the degree of synchrotron polarisation and
SALT (RSS) degree of polarisation data (lower right). The total degree of polarisation data
for the flare is from 9 July 2016 and for the quiescent state from 25 July 2017, which are
produced by Brian van Soelen and Richard J. Britto.
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Parameter Flare Quiescent
State

Parameters Obtained with Fit

Number of electrons n0 6.4× 1051 2.0× 1051

Minimum gamma γmin 27 27

Gamma break γb 1.2× 102 1.9× 102

Critical gamma γc 6.1× 103 2.3× 103

Minimum frequency νmin [Hz] 1.0× 1010 1.0× 1010

Break frequency νb [Hz] 1.8× 1011 4.8× 1011

Critical frequency νc[Hz] 5.0× 1014 2.2× 1013

Electron spectral index p1 2.0 2.2

Electron spectral index p2 2.7 2.5

Ordering of magnetic field FB 0.17 0.03

Disc luminosity Ld [erg · s−1] 2.0× 1046 3.8× 1046

BH mass [M�] 4.0× 108

C IV line height h1 0.5

Lyα line height h2 1.4

Calculated Values

Photon spectral index α1 0.5 0.6

Photon spectral index α2 0.9 0.8

Maximum synchrotron polarisation Πsy
max(p1)/FB [%] 69 71

Maximum synchrotron polarisation Πsy
max(p2)/FB [%] 74 72

Maximum disc temperature Tmax [K] 7.8× 104 9.2× 104

Accretion disc peak at νin [Hz] 1.5× 1015 1.7× 1015

Table 4.1: Parameters and values obtained with the model fit for 4C+01.02 in its flare,
2016 (column two) and quiescent state, 2017 (column three). The obtained Lorentz factors
(energies) γ’s are in the emission frame and the characteristic synchrotron frequencies ν are
in the observer’s frame.

52



106  108  1010  1012  1014  1016

 log [Hz]
50
55
60
65
70
75
80
85
90

 
sy

/F
B
[%

]

Flare state (2016)

 108  1010  1012  1014  1016

 log [Hz]

Quiescent state (2017)

Figure 4.2: Degree of synchrotron polarisation divided by FB, in units of percentage. This re-
sult, together with the results of Figure 4.1 and Table 4.1, obtains a BH mass of 4.0× 108 M�.

Figure 4.3: Broad-band SED for 4C+01.02 in its flare state of 2016 (red) and quiescent state
of 2017 (green). The Leptonic model’s X-ray and gamma-ray components are added to the
model with the Böttcher et al. (2013) code. The model components are described by the
legend. The X-ray data in the flare state is archival data from the summed observations of
2007-2008, since these correspond to the gamma-ray flux state and the quiescent state (2
August 2017) data is provided by Abe Falcone and Amanpreet Kaur. Gamma-ray data in
the flare state (2-20 July 2016) and quiescent state (3 July-2 August, 2017) are produced by
Richard J. Britto. This figure was produced by Markus Böttcher. Note that these fits are
based on a preliminary version of the results.
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Parameter Flare Quiescent
State

Magnetic field [G] 0.3

Emission region height z0 [pc] 0.2

Emission region radius Re [cm] 9.5× 1017 7.5× 1017

Observing angle θobs = 1/Γ [rad] 5.7

External radiation field energy density u [erg · cm−3] 5.5× 10−3 4.0× 10−4

External radiation field black body temperature [K] 5.0× 104

Le(jet) [erg · s−1] 8.0× 1045

LB(jet) [erg · s−1] 3.3× 1046 2.0× 1046

LB/Le 4.1 2.5

dtvar, min 9.8× 106 s 7.7× 106 s

= 2.7× 103 h = 2.2× 103 h

Table 4.2: 4C+01.02 Leptonic model parameters used in the Böttcher et al. (2013) code.
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Figure 4.4: The SED (left) and degree of polarisation (right) of 4C+01.02 in its flare state
of 2016 (upper plot) and quiescent state of 2017 (lower plot) as calculated by the model
by implementing the BH mass of 5× 109 M� obtained by Ghisellini et al. (2011). The figure
data is as in Figure 4.1. Parameters obtained with the fit and calculated values are given in
Table 4.3.
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Parameter Flare Quiescent
State

Parameters Obtained with Fit

Number of electrons n0 3.0× 1051 6.4× 1051

Minimum gamma γmin 27 27

Gamma break γb 1.7× 102 1.2× 102

Critical gamma γc 7.7× 103 2.6× 103

Minimum frequency νmin [Hz] 1.0× 1010 1.0× 1010

Break frequency νb [Hz] 3.9× 1011 1.9× 1011

Critical frequency νc[Hz] 8.0× 1014 9.0× 1013

Electron spectral index p1 2.0 2.0

Electron spectral index p2 2.9 2.7

Ordering of magnetic field FB 0.15 0.02

Disc luminosity Ld [erg · s−1] 9.0× 1045 1.0× 1046

C IV line height h1 0.5

Lyα line height h2 1.4

Calculated Values

Photon spectral index α1 0.5 0.5

Photon spectral index α2 0.1 0.9

Maximum synchrotron polarisation Πsy
max(p1)/FB [%] 69 69

Maximum synchrotron polarisation Πsy
max(p2)/FB [%] 75 74

Maximum disc temperature Tmax [K] 1.8× 104 1.9× 104

Accretion disc peak at νin [Hz] 3.3× 1014 3.6× 1014

Table 4.3: Parameters and values obtained for 4C+01.02 in its flare, 2016 (column two) and
quiescent state, 2017 (column three) by implementing the BH mass 5× 109 M� obtained by
Ghisellini et al. (2011). These results correspond with Figures 4.4 and 4.6.
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Figure 4.5: Accretion disc dominated SED (left) and degree of polarisation (right) of
4C+01.02 in its flare state of 2016 (upper plot) and quiescent state of 2017 (lower plot)
as calculated by the model by implementing the BH mass of 5× 109 M� obtained by Ghis-
ellini et al. (2011). The figure data is as in Figure 4.1. Parameters obtained with the fit and
calculated values are given in Table 4.4.
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Parameter Flare Quiescent
State

Parameters Obtained with Fit

Number of electrons n0 9.0× 1051 6.4× 1051

Minimum gamma γmin 27 27

Gamma break γb 1.0× 102 1.2× 102

Critical gamma γc 8.6× 102 7.7× 102

Minimum frequency νmin [Hz] 1.0× 1010 1.0× 1010

Break frequency νb [Hz] 1.4× 1011 2.0× 1011

Critical frequency νc[Hz] 1.0× 1013 8.0× 1012

Electron spectral index p1 2.0 2.0

Electron spectral index p2 2.8 3.0

Ordering of magnetic field FB 0.99 0.02

Disc luminosity Ld [erg · s−1] 5.0× 1046 2.2× 1046

C IV line height h1 0.5

Lyα line height h2 1.4

Calculated Values

Photon spectral index α1 0.5 −0.5

Photon spectral index α2 0.9 0.8

Maximum synchrotron polarisation Πsy
max(p1)/FB [%] 69 44

Maximum synchrotron polarisation Πsy
max(p2)/FB [%] 74 73

Maximum disc temperature Tmax [K] 2.8× 104 2.3× 104

Accretion disc peak at νin [Hz] 5.3× 1014 1.7× 1015

Table 4.4: Parameters and values obtained for an accretion disc dominated fit for 4C+01.02
in its flare, 2016 (column two) and quiescent state, 2017 (column three) by implementing the
BH mass 5 × 109 M� obtained by Ghisellini et al. (2011). These results correspond with
Figures 4.5 and 4.7.
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Figure 4.6: Degree of synchrotron polarisation divided by FB, in units of percentage. This
result, together with the results of Figure 4.4 and Table 4.3, implements the BH mass
5× 109 M� obtained by Ghisellini et al. (2011).
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Figure 4.7: Degree of synchrotron polarisation divided by FB, in units of percentage. This
result, together with the results of Figure 4.5 and Table 4.4, implements the BH mass
5× 109 M� obtained by Ghisellini et al. (2011).
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Chapter 5

Discussion

The results were presented in Chapter 4. The model results are plotted in Figures 4.1 and
4.2. The obtained parameter values from the fit are given in Tabel 4.1. The broad-band
SED is plotted in Figure 4.3 and the high-frequency component parameter values are given
in Tabel 4.2. The results of implementing the obtained BH mass of Ghisellini et al. (2011)
is shown in Figures 4.4, 4.6, 4.5 and 4.7 and Tables 4.3 and 4.4. The parameter values that
are given in this chapter corresponding to the flare and quiescent state will be indicated by
the superscripts f and q, respectively. Our model results will be indicated with superscript
m. The parameters obtained by implementing the BH mass of Ghisellini et al. (2011) will
be indicated with superscript G and G, PS for the results where the accretion disc peak has
shifted and G, AD for the results with a dominating accretion disc component.

5.1 Simultaneous Fit Results

The general model results are described, where-after the results of the flare and quiescent
state are compared to one another.

In the left plots of Figure 4.1 the synchrotron and accretion disc flux components are
disentangled to determine the decrease in polarisation attributed by the accretion disc to the
total polarisation.

In the right, lower plots of Figure 4.1 the total degree of polarisation shows a decrease
towards the higher frequencies. This supports the main expected result: the accretion disc
dilutes the synchrotron polarisation degree. The total polarisation degree decreases towards
higher frequencies due to the unpolarised accretion disc. Thereby, the model constrains the
disc component with the use of SALT spectropolarimetry observations.

Comparing the degree of synchrotron polarisation of the lower right plots of Figure 4.1,
Πsy/FB(ν), to Πsy(ν) Figure 4.2, the fit clearly necessitates a choice of FB < 1, i.e., an only
partially ordered magnetic field. The maximum degree of synchrotron polarisation in the first
part of the broken power law spectrum Πsy

max(p
f
1)/F f

B = 69 and Πsy
max(p

q
1)/F q

B = 71, can be
seen at the zero slopes of these plots, with pf1 = 2.0 and pq1 = 2.2. In the second part of the
broken power law spectrum, Πsy

max(p
f
2)/F f

B = 74 and Πsy
max(p

q
2)/F q

B = 72, which can be seen
at the zero slopes of these plots, with pf2 = 2.7 and pq2 = 2.5. These obtained spectral indices
fall into the expected range of 2 < p < 3.
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In the right plots of Figure 4.1, the total flux peaks at the Lyα and C IV emission line
frequencies. In the lower plot the total polarisation percentage decreases at the locations of
the unpolarised emission lines.

Comparing the Flare and Quiescent State

Examining the right plots of Figure 4.1, the percentage of polarisation is higher for the
flare, being observable in the range ∼ 4 − 12.1 %, compared to that of the quiescent state
∼ 0.1 − 1.9 %. The higher degree of polarisation corresponds to the higher ordering of the
magnetic field for the flare state F f

B = 0.17, compared to the lower degree of polarisation
corresponding to F q

B = 0.03 in the quiescent state. This is a known relationship where a
higher degree of polarisation is found for a higher ordering of the magnetic field (Smith
et al., 1986; Zhang and Böttcher, 2013). The higher synchrotron radiation level is due to a
higher n0 and higher γc. The degree of polarisation of the flare data is over a greater degree
of polarisation region than the quiescent state’s, resulting in the error bars of the flare data
to be less visible in the plots than those of the quiescent state.

The maximum disc temperature during the flare, T fmax = 7.8 × 104 K, increased to
T qmax = 9.2 × 104 K during the quiescent state. The maximum temperature is dependent

on the accretion rate, since Tmax ∝ l1/4M
−1/4
BH for l = ˙MBH/ṀEdd (from Chapter 1). The

accretion rate is dependent on the disc luminosity, since ˙MBH = Ld/εc
2, thereby a higher

accretion rate will mean that there is a higher disc luminosity in the quiescent state, which
the results agree with having a direct dependence between the disc temperature and disc
luminosity with (Lqd = 3.8× 1046 erg.s−1) > (Lf

d = 2.0× 1046 erg.s−1).

5.2 Physical Interpretation of the Broad-band SED

The lower ECD radiation from the higher accretion disc radiation in the quiescent state,
could be due to a higher mass accretion rate suppressing the jet formation during this state.
Furthermore, the lower external radiation field in the quiescent state uq = 4.0×10−4 erg·cm−3

compared to the flare’s uf = 5.5×10−3 erg ·cm−3, suggests that the emission region is further
away from the disc during the quiescent state to produce a lower ECD component than the
flare’s.

The EIC component is dominant in the contribution to the total high-frequency com-
ponent of the flare. Since, the EIC emission is due to scattering of photons from the BLR,
this could indicate that the whole emission region is radiating inside the BLR (where the
energy density could be isotropic) during the flare and is outside the BLR (where the
emission region only has clouds on one side giving anisotropic energy density) suppressing
EIC radiation, during the quiescent state.

The higher ordered magnetic field in the flare state suggests the presence of shocks
(Fermi acceleration) which compress, enhance and order the magnetic fields. This agrees in
obtaining higher jet components (synchrotron, SSC, EIC andECD). Magnetic reconnection
destroys magnetic fields and leads to lower degree of polarisation. In the quiescent state, the
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lower ordering of the magnetic field implies that there are different magnetic field orientations
that can cancel each other out. The synchrotron radiation producing photons to produce
SSC radiation, also behaves as expected with higher/lower synchrotron radiation producing
higher/lower SSC radiation for the flare/quiescent state.

5.3 Comparison to Previous Work

Ghisellini et al. (2011) obtained disc luminosities 10−2 < Ld/LEdd < 1 for FSRQs, z > 2,
with BH masses in the range ∼ 108 M� to 1011 M�. The disc luminosities of our model
are Lfd = 2.0 × 1046 erg · s−1 and Lqd = 3.8 × 1046 erg · s−1, so that Lfd/LEdd = 0.40 and
Lqd/LEdd = 0.76, with LEdd = 5.0 × 1046 erg · s−1. The BH mass obtained by the model
Mm

BH = 4.0 × 108 M� and the disc luminosities fall within the range of Eddington ratios
found by Ghisellini et al. (2011).

The acquired BH mass Mm
BH = 4.0 × 108 M� from the model is lower than the predic-

tion of Ghisellini et al. (2011) who obtained MG
BH = 5× 109 M�. The comparison results

with MG
BH and 10−2 < Ld/LEdd < 1 are given in Figures 4.4, 4.6, 4.5 and 4.7 and Tables 4.3

and 4.4. By implementing MG
BH in the model, it is demonstrated how BH mass influences

the accretion disc flux component and thereby the total degree of polarisation fit:
For BH mass Mm

BH , the peak of the accretion disc flux component frequency at the
inner disc radius is at νm, fin = 1.5× 1015 Hz for the flare and νm, qin = 1.7× 1015 Hz for the
quiescent state. For the higher BH mass MG

BH , these accretion disc flux peaks are at
νG, PS, fin = 3.3× 1014 Hz for the flare and νG, PS, qin = 3.6× 1014 Hz for the quiescent state.
Therefore, higher BH mass MG

BH shifts the peaks to lower frequencies, as expected from the re-

lation νinmax ∝M
−1/4
BH . This causes the polarisation to decrease at lower frequencies (Figure 4.4,

lower right). This demonstrates how the total degree of polarisation curve profile moves to
lower frequencies for higher BH mass. With increased disc luminosities, dominating accretion
disc flux components can fit the optical photometry data points in the SEDs for which the
accretion disc peaks are at νG, AD, fin = 5.3× 1014 Hz for the flare and νG, AD, qin = 1.7× 1015 Hz
for the quiescent state. Although the disc component is at the expected frequency region,
these dominating accretion disc SEDs result in total degree of polarisation of about zero due
to the high emission of the unpolarised accretion disc diluting the low emission of the polarised
synchrotron radiation from the jet (Figures 4.4 and 4.5). Note that increasing FB increases
the synchrotron polarisation, but the ratio between the accretion disc and synchrotron emis-
sion will stay the same (equation (1.74)). Our best-fit value of 4.0 × 108 M� is favoured by
the combined SED and spectropolarimetry fitting.
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Chapter 6

Summary and Conclusions

With the use of archival, optical, X-ray and gamma-ray flux data, and the spectropo-
larimetry observations from the Large SALT Program (Chapter 3), 4C+01.02 (z = 2.1)
was successfully modelled with a simultaneous SED and spectropolarimetry fit (Chapter 2).
This source is modelled in its flare and quiescent state with its BH mass obtained as
4.0 × 108 M� (Chapter 4). The fit is based on synchrotron, accretion disc and emission
lines components contributing to the SED and optical/UV polarisation. The decrease in the
total degree of polarisation is due to the unpolarised disc that is diluting the synchrotron
polarisation. The SED and optical polarisation model constrained the accretion disc to the
blue end of the optical spectrum, thereby disentangling the disc and synchrotron components.

The flare/quiescent state was characterized by a lower/higher accretion rate (and, thus,
accretion disc luminosity), but more/less intense particle acceleration in the jet, and, hence,
higher/lower non-thermal emissions from the jet. In the quiescent state, a high accretion
rate could be suppressing the jet formation, a process that is also present in Galactic BH
X-ray binary systems. The higher jet components during the flare suggest the presence of
a shock accelerating particles more efficiently and in turn producing the higher degree of
total polarisation. A higher external radiation field energy density in the flare state produces
higher ECD radiation compared to the quiescent state, implying that the emission region in
the quiescent state could be further away from the disc. The high/low EIC radiation during
the flare/quiescent state suggest that the emission region is inside/outside the BLR.

The acquired BH mass 4.0 × 108 M�, from the model was compared to the prediction
of Ghisellini et al. (2011) who obtained a BH mass of 5× 109 M�. The position of the
accretion disc peak and the correct ratio of synchrotron to accretion disc flux, are essential
ingredients to fitting the total degree of polarisation. A higher BH mass shifts the accretion
disc flux component peak to lower frequencies in the EM spectrum and shifts the decrease
in the total degree of polarisation towards lower frequencies. A dominating accretion disc
flux component in the SED has the result of about zero total degree of polarisation. The BH
mass obtained by Ghisellini et al. (2011) gave an accretion disc peak at too low frequencies
or a dominating accretion disc component in the EM spectrum. The model discussed in this
dissertation constrains the accretion disc component and BH mass by fitting the total degree
of polarisation data.
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The results are preliminary, since the degeneracy in electron energies and the magnetic
field, in this study, was only done posteriorly and not used as independent constraints on the
electron energy distribution. By only including synchrotron radiation, the emission region
radius is not taken into account. When Compton scattering radiation is also included in
the model fit, this radius can be constrained, which gives the density of the particles in the
emission region. For future fitting of sources the dust torus and host galaxy can also be
considered.
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Chapter 7

Outlook

My studies will be continued by further developing this code with my supervisor,
Professor Markus Böttcher. The Leptonic model will be used to extend our model to
include the SSC radiation and EC radiation. The SSC polarisation can be modelled similarly
to Zhang and Böttcher (2013) and with the future Imaging X-ray Polarimetry Explorer
(IXPE), X-ray polarisation observations will test the polarisation predictions in the X-ray
spectrum.

In this dissertation we studied one source, the FSRQ 4C+01.02. The SALT Large Program
ToO program is continuing and with co-ordinated multi-wavelength observations data more
sources will be available to fit spectropolarimetry and SEDs with our model.
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Appendix A

Finding the Maximum Accretion disc
Temperature

Differentiate equation (1.14) and set the result equal to zero to find the radius at which the
maximum disc temperature occurs:

∂T (R)

∂R
= 0 (A.1)

=
∂

∂R

T0

(
Rin

R

)3/4
1−

√
Rin

R

1/4
 (A.2)

Knowing that T0 ∝ R−3/4:
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With this equal to zero it can be easily solved:
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The maximum disc temperature is at this radius and therefore by substituting equation (A.9)
into equation (1.14) it can be easily found:

Tmax =
(

36

49
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Appendix B

Numerical Calculations:
Midpoint Integration Technique

The numerical midpoint integration technique is used in the model code to calculate the syn-
chrotron flux, accretion disc flux and synchrotron polarisation. The integration of a function
f(x) is approximated as∫ b

a
f(x)dx ≈ h1f

(
x0 + x1

2

)
+ h2f

(
x1 + x2

2

)
+ ...+ hnf

(
xn−1 + xn

2

)
, (B.1)

where the increment length h1 = x1−x0, h2 = x2−x1, ..., hn = xn−xn−1, with xi increasing
logarithmically for every i = 0, 1, 3, ..., n.
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